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TAI LI EUSI EUCAP. CQOV

L3i NS dau

. é Ur khi céc thé hé may tinh véi chire ning giai duge phuong trinh
bac 2, bac 3 va cac hé phuong trinh ra doi, viéc hoc tap va thi cu da
¢ nhirng cai tién dang ké. Pén nay su ra doi cia may tinh CASIO
570VN Plus véi nhiéu tinh niang vuot troi:

1. P6i véi bac THCS may tinh thue hién cac phép chia co du,
phan tich thanh thira s6 nguyén t6, tim UCLN, BCNN.

2. Céc phép tinh sé phirc, dang dai sé va dang luong gidc. Pic
biét tinh duoc liy thira bac 4 tro 1én cho s6 phie.

4. Giai duoge cac bat phuong trinh bac 2 va bac 3, tinh duoc gia
tri Ién nhat/gia tri nho nhat cua moét ham sé bac hai.

5. Tao bang sb tir 2 ham trén ciing mdt man hinh tinh toan

6. Céc phép tinh vecto, dinh thie va ma tran, tinh todn phan phéi
trong thong keé.

Rét nhiéu tinh nang khac ma dong mdy nay dem lai nhu:

- c el

-

r L r o
i tna Y D VaNralay
LERLL LAJCHIL VUL wdde oWV

P pnan
€ tong cua mot cap s6 nhan Iui vo han.

"y X7

<!

« Luu hai két qua cudi cung vao bo nhé théng qua phim

va (PreAns).

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV
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Viée st dung may tinh that can thiét nhu thé, nhung rat nhidu hoc
sinh van chua khai thac hét céc tinh nang uu viét ciia nd. Tép tai lidu
nay gitp cho cac ban déng nghiép nam ving viée sir dung may tinh
trong giang day va truyén dat cho hoc sinh cic ky ning nay dé céc
em lam tot bai tip va bai thi ctia minh.

Quyén sach duge viét trong mot thoi gian ngan dé kip cho cac khoa

bl by
hat dirdno gian vidn (Cae 141 lién tham khan direee 116t k& dav dn &y
UUUUUUUU & E,I.“\J ¥ Aiwilis T A LA R l.‘?’“ LAEILELLIE A%NEARENS U“VU ll?b S % UMJ LTS S W

cudi sach. Pic bidt trong qua trinh bién soan tai liéu, t61 tham khao
mot phan cua quyén sach

HUONG DAN SU DUNG VA GIAI TOAN TREN MAY TINH CASIO
FX-500MS
ctianhom tac gia NGUYEN VAN TRANG-NGUYEN TRUGNG CHANG-

NGUYEN HUU THAO-NGUYEN THE THACH. Trong qué trinh giang
day, ching t61 sé co nhiing hi¢u dinh va cai tién thich hop.

Thanh phd H6 Chi Minh ngay 26 thang 5 nam 2015
TS Nguyén Théi Son !

INguyén Truéng Khoa Toan-Tin, Pai hoc Su Pham TP H6 Chi Minh (2000-
2009)
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TAI LI EUSI EUCAP. CQOV

CHUONG |

SU DUNG MAY TiNH

CASIOFX-570VN PLU
iN

TRONG CHUONG TRIN

S
H LGP

1.1 Mgénh dé - tip hop

Vi du 1: Cho tap hop so sau day:

nr—:l\lvén;B}

_{ n
IRRUES VS
1. Tim so6 hang ting véi n = 35 ca A.

2. Tim tong cua 38 s6 hang dau tién.

3 @ 38 (=] 3.819855204
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Vi du 2: Cho tap hop s6 sau day:

([ 2n | L)
Azi nenN i
3n+2
Tim sb hang ting v6i n = 15 clia A.
M ) Ml A ) Y MY (Afas AEIMeE] — 3_0_
l (-3 S s Y D 0. S & R T3 - R E R T ]

1.2 Ham s

Ham s6 1a mot khai niém co ban trong chuwong trinh mon Toan bac
THPT. Théng qua may tinh cam tay, cdc em c¢6 co hdi nam viing
dugc cac khai niém triru tuong thong qua cac phép tinh cu thé.
Vidu 1: Dién cac gia trigcﬁa cac ham sé:

y=f(x) =—2x4+3x2+§ va
y=8kx)=v3-—-4x

vao bang sau dy (lam tron hai s6 16 thap phan sau dau phay)

x | =v3 | -v3/2]0]|+v3/2] V3
114
g(x)

Tra loi:

mot bang cho hai ham so

f(x):—2x4+3x2+§ E gx)=v3-4x (=]
Start —v3 (=) End v3 (=) Step v3/2 (5]

https://tailieusieucap.com/
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x | =v3 [-v3/2] 0 [Vv32]| V3
flx) | —-69/8 | 3/2 | 3/8 | 3/2 | _go/8
gx) | 3.15 2.54 | 1.73 [ |

M0t trong céac tmg dung cua viée 1ap bang cho hai ham sé 1a vé hai
do thi 1én cung mét truc toa dg, qua do co the biét so nghiém cua mot
phuong trinh. Khi da biét s6 nghiém cua phu‘cmg trinh néo do, dung

,.1-. o, e euIcT [PAIT Al FQOAT YEY %o mdcr +lnls 4o~ +LA e SRS
Cuc ]J.CIJJ.E 2AIri |\JHI-U| \L’JUL{ ¥ ]_J} wila ]J.lcl)( L]JJ.LI. td CO uic lJJ.J.l LlLlU\.a

céc nghiém d6. Vi du d6i voi hai ham sb trén ta c¢6 d6 thi nhu sau:

Nhin véo db thi, ta thiy phuong trinh:

.
Pt 3t =3 4x
(o]

¢6 mot nghiém duy nhét.
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Vidu 2: (B¢ Gido duc va Dao tao, THPT, 2008-2009). Tinh gia tri
ctia ham so:

VxZ+sinx +1
In(x2++/x+3)

flx)=
tai diém x = 0.5.

GIAI

r - r - 2 * K
Tinh gia tri cua ham so:

Vidu 3: Tim gia tri I6n nhat cua ham so6:

3.1-2v/5
y=Flo=-1,2x+ \/674—\7/236—7,8+3\/§

. r - r ){ el It /{ A -
gia tri lon nhat cua ham so bac hai

\/_
53 -132 (5] \/_ = (=) -7,8+3v2 (=]

=] (= [=) X-value Maximum = 0,1112909362 (=]
Y-Value Maximum = -3,541010225

1-25

b

Luu y dé nhap biéu thu'c \/6_ tathu’c hién nhu sau:
3.1E12I51_11_1[_1II64I
(=] 7.2 O]
www.bitex.com.vn ]
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Vé phuong dién trinh bay 161 giai, dua vao két qua may tinh cung
cap, ta viét:

flx) ==1,32(x—0, 1112909362)° — 3,541010225

Vay f(x) < —3,541010225 xay ra diu bang khi va chi khi
x=0,1112909362. Do d6 GTLL cta ham s6 1a —3,541010225.

1.3 Van dé giai hé phwong trinh

%"’; giai mot hé phuong trinh vira 1a yéu cau cia mét bai toan
dai s6 nhung dong thoi cling vira 1a mot cong cu dé giai cac bai toan
dai s6 khéc, vi du tim hé s6 cua mot da thic hay tim giao diém cta
hai duong thing.

Vi du 1: Giai hé phwong trinh bac nhét ba an:

2x+2y—-2z=5
4x+3y-z=8
Bx+5y+3z=10

F e W e ¥
% (5) (3)

RIEAEE 0 EE =
WEEEOMNDEEE
BIEGEEGEIEOI0] =

Vidu 2: Giai hé phuong trinh bac nhit bon an:

www.bitex.com.vn 9
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X—=y—g+1=35
2x=-y+3z+5t==-70
x+2y+3z—-41t=0

| x—y—4z+1t=14.

Khu r = =x+ y+ z + 35 gitra cdc phuong trinh cua hé, ta co:
[2x—y+3z+5(—x+y+z+35) ==70

X+2y+3z—-4(-x+y+2z2+335) =
1x—y—4z+[—x+y+z+35) = 14.
—3x+4y+8z=-245
{Sx—Zy—z 140
\ —3z=-21.

hé phwong trinh 4 in

E v=-76 e (STO) -(B)

E z=7 -(570) by (O
NIEEFFHHRDEE 7--

Vi du 3: Viét phuong trinh mit cau di qua 4 diém:

A(l,1,1),B(1,2,1),C(1,1,2), D(2,2,1)

www.bitex.com.vn 10
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GIAI
Phuong trinh mat ciu ¢ dang:
L+ Vet -2ax=2by—2cz+d=0
Thay toa do cic diém A.B, C, D vao phuong trinh ta cé:

(2a+2b+2c—-d=3
2a+4b+2c—-d =6
< 2a+2b+4c-d=6
4da+4b+2c—-d =9

Giai h¢ phwong trinh

jwoog) (5] (2]
AEREREFHEEREEHREEEEHEE
Rl=EE2EdERE=E(2] (=4 E=) 6] (=] 6] (=)
QEHEHEREHEEEEHEREEEEEE
2 ; &) &0 6 0

E 5 & &S0 6

= g B B (ST0) [P (O

U RQeEHRBeHEROUEHEIE S

e

Vay phuong trinh mat cau:

2 +y*+2°-3x-3y—3z+6=0.

www.bitex.com.vn T
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BAI TAP
Bai 1 Giai cdc hé phuong trinh bic nhat ba an sau day:
2x+3y—-z=1 2x—3y+2z=7
a){ 3x+5y+2z=8 b){ x+2y—-4z=3
—2y—32=-1 3x—4y—bz=-5

IS A 2t LA L N L LA L ACL AL AL dA
Ddl 4 \Jldl 11C p[lL[UIlg LLITHL DdC THIdl DO dIl Sdu Ud}’.

[

Xx4+2y—-4z+351=1
—X—2y+ D22t =—3
x+2y—-3z+4t=5
| <2x—dy+10z—A41 =06,

e

(Khtr x)

Bai 3 Cho parabol (P): y = ax®+ bx + ¢. Xéc dinh a, b, ¢ dé cho (P)
: . R 13 3 2551
di qua cac diem A|2; — | B|——;
3 4" 48

(2 199)
ofi-1)
5 15

franmrel
WMODE (5) 2J

mHmmm@E@@

@ E
BEMHEEQREEBEEIE
RIGEGEMNEBEIEE

BERAEEEAEEEAE
LHEEEEHEE

=) 25 (=] -49 E]g

b

www.bitex.com.vn 12
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A(-1;2;3); B(2;—4;3); C(4;5;6)

o trinh mit phing di qua ba diém

5 (2
OHERAEEEEIE

EAEEEEEE
LEEEBEETE

2 1 1
B 8 B3

N

hano d1 ana ha A1 3
“ LL«I. L= R

Vav nhirono fﬂnh ma
I-I i i \.1““

Yoy priuvil 5 ¢ LER Lpll g B,C!a

Ill A iy

6x+3y—13z2+39=0

1.4 Thong ké
MGdi thé hé méy ¢6 cac cach sir dung MODE Théng ké khac nhau. Do

d6 d6i véi may tinh Casio FX 570 VN Plus, trinh ty sir dung MODE
Thong ké nhu sau:

(ﬁ Nhin [1] dé xda sb lidu théng ké

an ik = F. a LIy 5™

@ Cai dat ché do s6 lidu c6 tan so: & [@)[1].
@ Chuyén sang MODE thdng ké: oo (3] (1)

www.bitex.com.vn 13
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@ Nhép s6 liéu xong nhan , luru y sau moi 1an viét s6 liéu
xong ta nhan (=) dé nhap licu.

@ Pé tinh tong, tong binh phuong ta nhan (3] (2]
(TONG), (1] (3] (3] (TONG BINH PHUONG) r6i nhéan

(6) PAtinh TRUNG BINH tanhdn [ (1] [@) 21 E).
\\__/ | bl | i J i j L= \ H

(7) Pétinh TAN SO tanhén (R (D@ G E .
Muén xem PO LECH TIEU CHUAN ta nhén DEEE

@ Muén xem PHUONG SAl tanhin [swF) (1] (4] (3] (=) (=]

7L N M. ANAAL ol alt L= o TrAL v A MA_ LS N grA A
Y1 UI.I L. IVIOL X4 LU 111 Dan bl.l[lb MNCL (.ll,l'd S0 1dIl DAl vd UICIIl S0
dugc ghi nhu sau:

Piém |4 5 7181 9

Lianban 8|14 |3 ]12]9| 13

Tinh:
@ Tong so lan ban.
Fo I gt
(2) long so diem

@ S6 diém trung binh cho mdi lan ban.

www.bitex.com.vn 14

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV
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toan thong ke

(1]

sHFT)  (wong @ (4) (1]

(ooe] (3] (1]

WAEGEEEEEOEEEEE
CICICICIOIOIO,
EEIENERNEDNIENENEEE

toan thong ké

(1) Téngsblanbinn. @) D @ @D B 59

@Téng s6 diém (sum): 1 (B (2 =
393

@ SH diém trung binh chomdi lanbanx: (wA] (1) (4]
(2] (=] 6.66.

Vi du 2: San lugng laa (don vi ta) cua 40 thira rudng thi nghiém co
¢ = S

no L2,

£ - - - e P oy
1C1] U.L[Ub lll[lll Udy troi 15 DdllEg iain s

H

s I e
au day:

(e

San luong (x) | 20 | 21 | 22 | 23 | 24
11 10| 6

h
o0

Tan s6 (n)

Tinh san lugng trung binh cua 40 thira rudng.

www.bitex.com.vn 15
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toan thong ke

froog) (1]

(sur1) forel @ (2] (1)
frooe) (3] (1]
CNEAMNELEEEREEEMEE

CIOIOICIOIO,
BE6EEEHOHEMEHM0OEE (=R
San lugng trung binh cua 40 thua rudng:

x: m (@2 = 22.1.

1.5 Ti s6 lwong giac ciia mot goc

1. Poi don vi tir d§ sang radian va nguge lai

Vi du 1: Doi a = 33° sang radian.

Muén d6i sang radian ta chuyén mdy tinh vé mode radian

(4]
Nhap s6 33 sau d6 bam (DRG») man hinh
11

s& hién ra 33°, tanhdn (=] sé duoc @n

Vi du 2: Pdi a =33°30' sang radian.

www.bitex.com.vn 16
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A
Nhiap 33 [Fs») 30 [»» man hinh sé& hién ra 335305
sau d6 bdm (DRGP») [1] man hinh s& hién ra

0 _{ . 67
33430-°, tanhan [=] sé& duoc 50"

e

Vidu 3: Déi a = 11" sang do.
J

Mudn dbi sang dé ta chuyén méy tinh vé mode dd [SHIFT

@
. I S %
Nhdp s0 —= bang céch nhan phim: ()
J
15
sau d6 bam (SHIFT (DRG
t A 2

v
S
5
=
=B
1
=i
[# 5]
e
=,
WTs
=
o
o

-

Vidu 4: Béi a= 117 sang do.

=
Nhip s6 % bang cach nhin phim: (CALC) (x109 (shFT) (x109)

1
™ @ 17 ®
sau do bam (DRG») [2] man hinh sé& hién ra
ﬁ r,tanhén (=] s&dugc 10.58823529 nhin vao phim

ta duoe két qua 1a: 10°35'17" va 65% gidy.

www.bitex.com.vn 17
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1.6 Tinh cac gia tri luwgng giac

-—

—

Vidu 1: Cho sina =0,4; cosff =0,

«, f déu la cac gdc nhon).

Hay tinh sin(2a +3p).

(sin) 0.4 [sF) [Red (STO) () (A)
0.7 OJ [wr) [Red (STO) s (B)
[si] 2 (&) 3 (=] -0.0676 (lam tron
4 56 18)
Vidu 2: Biéttan— = —. Hiy tinh A= ————
2 4 l1-sina

T B e 8 oo Lottt Ao e ., L COSX
Nhap vao man hinh biéu thiuc: —————

) I -sinx .
Nhan vao phim [AC), sau d6 nhip x bang:
3
@ @B OE G =

Vidu 3: Tinh sin® x — cos® x biét cos2x = =.

|Uﬁ|<“J

Nhap vao man hinh biéu thirc sin® x — cos® x nhu sau:
(1) &) (2] 6 o (3] (®) (5] O (=

Vay gia tri cia biéu thirc 1a: —0.6261.

www.bitex.com.vn 18
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1.7 Hg thirc lwgng trong tam giic

o~
Pt

Viduy 1: Cho tam gidc ABCcOb=Tcm; c=5cm; A=81°47"12".

1. Tinh dién tich tam giac ABC.

2. Tinh d6 dai BC.

Chuyén méy tinh qua MODE radian.

H¢ thirc lrgng trong tam giac

1. Nhap A, b, ¢ vio man hinh va luu vao (&) vB,
81°47'12" kel (STO) (@) (A)
7 (STO) (B)
5 (STO) (©)

1
S:EbcsinA: 1 2
@ @ 17,325{)cm2.

2. Pddai BC = Vb2 +c2-2bccos A:

HOE & 260Fkk @0O]
® =

: BC
3. Ban kinh duong tron ngoai tiep R= ———.
2sin A

E2E®O ® = 40414cm

b

www.bitex.com.vn 19
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Vidu 2: Cho tam giac ABCcoa=8cm;b=7cm; c=5cm. Goi
A', B',C" 1a chan ba duong cao ha tir A, B, C tuong trng. Tim dién tich
tam giac A'B'C’.

Goi ', S lan lugt 1a dién tich cta cac tam giac A'B'C’ va ABC.
!
Ta co: i 2cos AcosBcosC
23 ol

COS A= — -
2bc

Tinh cos A

(5T0) @) (A)
(7] [(swF) [Red (STO) oo (B)

ﬁ (stiFT) (STO) ©

4

Fer 0@ D@ ® @ 60 @Y

EeE Po0EX O0E @2 6O @
l ReD (STO) [cos) (E)

a® + b* - ¢*

cosC =
2ab

FEx @H00xX ® 26006
(uF) (c) (STO) [tan) (F)

www.bitex.com.vn 20
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S’ = besin Acos AcosBcosC

e
\ B @AOE0E® 0EBE & 1,941 cn? ]

1.8 H¢ truc toa do

Vidu: Chotam giac ABC véi A(—4;—-3v2), B(2V/3;-5),C(1;3). Tinh
g6c A va dién tich tam giac ABC.

AB=(2V3+4;-5+3V2) ; AC=(5:3+3V2)
e
) @

Nhap toa do AB.

Gur] (B8] (2) (2] (2]
Nhép toa do AC

bam (xoa man hinh)

AB.AC
]
ey
G B w B @ w &

1 IL' s Iaar al [as 1 farnmel M= (-8 1
LZ2J =) LA ) VALY |RRS] [=miri] L=2]J 2] L2J VALY

(5] (@] O] OJ 0.4821465811
[GuFr) [cog [ang () (=) 61°10'28"

COS A=

s

b

www.bitex.com.vn 1
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1.9 Duong tron

~7 ek,

Vi du 1: Viét phuong trinh duomg tron qua 3 diém
A(1;2), B(5;2),C(1;-3)
Phuong trinh dudng tron c¢6 dang:

1724_112_') ')l‘n ~ =10
=L IJ Hw/\; l.“}"l\./ L

Thay toa do ciia cac diém A, B, C vao phuong trinh ta c6 hé phuong

trinh:
dg+db+e = —5 Ja = —13
10a+4b+c = =29 << b = -
2a-6b+c = -10 lC n

Bam mdy tinh giai hé 3 phuong trinh (5] (2]

Ta dugc phuong trinh dudng tron:
x2+y2+6x—y—1:0

Vi du 2: Tim giao diém ctia hai dwong tron. Cho hinh chir nhat
ABCD cé A(=4;8) ;C(1;-7). Goi M diém d6i xting cua B qua C va
N 1a hinh chiéu vudng géc cua B trén M D. Biét N(5;—4) hdy tim toa
d6 diém B. Phong theo PH A2013.

www.bitex.com.vn 2
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Giai:
Phuong trinh duong tron ngoai tiép hinh chir nhat:

X+ Yy +3x—-y—-60=0
Phuong trinh duong tron dudng kinh BM:
¥ +y?-2x+14y+25=0
Toa d6 giao diém B va N cta hai dudng tron 1a nghiém cia hé phuong
trinh:
X2+ y2+3x-y-60 =0 (1)
X+ y?=2x+14y+25 =0 (2)
Lay (1) trir (2) suy ra x = 3y + 17 thay vao (2):
By+17%+y*-2@By+17)+14y+25=0

Ta s€ thao luan ve viéc giai phuong trinh bac 2.

Cach 1: MODE 5 3

5 3

211 (=]

2x3x17-2x3+14 [Z)

I7-2xl7+2: (=] [=] —4; -7

Vi N cétung d6 la —4 nén yg = —-7= xg =—4. Vay B(—4;-7)

Cich 2: (SOLVE)

Bx+172)+x2-2(17+x)+14x+25 @ x+4 (=]
@® EB-4 = -7

www.bitex.com.vn 23

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAI TOAN VOI MAY TINH CASIO FX-570VN PLUS

1.10 Ba dwong conic

Vi du 1: Viét phuong trinh chinh tac cia élip qua hai diém

3 3
M (\f L] va N ‘ﬁ)
4 4
Phuong trinh chinh tac cua élip:
3 ol
=
at b

Thay toa do cua M va N vao phuong trinh ta dugc:

1o, 117
ol =
167

5Jc+99 = 1
\ 167

K r r L A it
Bam may tinh giai h¢ phuong trinh

fuog (5] (1]

BE0HDENEEAE
@@@@.[I]l_lﬁ[ﬂﬁ@
tatlnhdu’ocx—i,y—:

16 9
Viya®=16; b* =9.
; r ¥
Phuong trinh chinh tac cua élip 1a E-'-? sl
www.bitex.com.vn )4
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Vi du 2: Tim gin dung toa do giao diém cua duong thing
i b
X

x—-8y+4= ﬂvmh ebgl ——y—:l__

9 4

Xét phuong trinh:
48y —4)? —9y* =

fong) (5] (3)

4x64—-9 [=) —4(8><8) [Z)4x16-36 (=]
(=] 0.912 il (e (STO) () (A)

(=] o.1

2
1243 [swF) [red (STO) [»») (B)

monel 11 (1) Al [=] 4 [=]1 292072
T/l |1 ] i (oY | ] T i ] OD.LT0i9

Q
B (=) 4 [=])-3.0058

(2]

e
cl

Vay A(3.2973;0.9122) va B(-3.0058;0.1243)

! 2
Vi du 3 (D2005): Cho &lip % + yT = 1, didm C(2;0). Tim cdc didm

A va B trén élip va doi x(mg nhau qua tryc hoanh sao cho tam gidc
ABC la tam giac déu.

Tam gidc ABC can tai C do d6 no 1a tam gidc déu khi va chi khi

AB = AC trong do A(x; y) vO1 y=1/1——.

4
Ta c6 phuong trinh:
x% x2
Il—— = (k-2 +1——
4 4
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1. Nhap phuong trinh [én man hinh:
(S

QW) =X X & @ & [Aww
o= W OX =5 @0 &3 #H
E X @ & @]

2. (SOLVE)

3. Khi duge hoi, bam s6 1 (chi y —2 < x < 2 chd va nhan mét
nghiém 0.2857142857 (ta du doan day la s thap phan vo han
tuan hoan)

; n R 2
4. Bam ta s& nhan duoc nghiém hiru ti 13 x = =

5. Tinh y

UE 6 x»EBE

i ?

7 ¥

Y. . .. .2 43 2 4v3
Vay hai diém can tim 1a A (; 7\/_) : B( - \/_)
X.z y2 2
Vidu 4 (B2010): Cho élip ? - o= 1, tiéu diém F, F> (F; co hoanh
do am), A(2; V3). Duong the:lng AF; cit ¢lip tai diém M ¢o tung do
duong. N la diém do6i xung cua F»> qua M. Viét phuong trinh duong
tron ngoai tiép tam giac ANFos.

F(=1;0) 5 F>(1;0)
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mooel (5] (3]
2%3+3 [E] -4v3 [=]2-8 [E]

2V/3 M &
B —- & &l ST10) [ B) 3
1 vsB8 J@EE @ @D
(STO) (@) (A)

ax—-2bv+c=0

Thay toa d6 nhitng diém ma dudng tron di qua ta cé hé phuong trinh:

[ —4a-2v3b+c = -7
A —2a+c = 1
=20~ BT\/gb g = —13—9
Giaira
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GIAI TOAN VOI MAY TINH CASIO EX-570VN PLUS

a=1 [sHF] [Red (STO) [©) (A)

c=1 (suF] (e (STO) ) (B)
[WE][_II_]H7-4@EII®-
2 (va) 3 (= ZBE

Véy phuong trinh duong tron can tim:

4+/3
x2+y2—2x—?\/_y+1:0

Lwu y: Theo cach nay ta khong quan tdm téi tam gidc ANF,» ¢6
vudng hay khong.
Vidu 5: (B6 Giao duc va Dao tao, THPT, 14.3.2008)
Tinh gan dung toa do giao diém cia parabol (P) : y = x% —2x véi elip
2 2
B+l =1
9 1

GIAI
Phurong trinh hoanh d6 giao diém cua elip va parabol 1a:
2
%+(x2—2x)2—1=0

Ta sir dung thao tac sau day dé tim 4 nghiém cua phuong trinh trén.
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. Nhap vé trai ciia phuong trinh trén trong mét cip dau déng mo

ngodc don 1én man hinh:
2
(% + (" —2x)° -1

sau d6 nhan dau (=) (dé lieu biéu thirc)

. Nhan (SOLVE), nhap s6 0 va nhan ddu (=] va

cho kha [au, néu trén man hinh xudt hi¢n mét thong bao nhu
sau:

Continues f=] -t
H= 101. 569856

thi ban nhin ddu (=] dé tiép tuc, chd va nhan nghiém thir nhat
12 2.283900202 luu vao (4] .

. Bam (&) dé cudn man hinh l1én va nhan (@) d¢é dua con tro

1én dong cong thire, bam vao dé chia biéu thirc cho x—a,
thé hin trén man hinh | = @)

Bim (SOLVE), nhian ddu (=) dé chip nhian @,
tiép tuc nhan dau (=] aé chap nhan (XJ, ch¢ va nhin nghiém
thir hai 14 1.31914171 luu vao (8.

Lap lai qui trinh trén, chia biéu thue cho (x— a)(x—b) : (x—
a)(x— b)(x — ¢) ta tim dugc hai nghiém con lai la:

0.807813066 ; —-0.410877979.

Viy toa dd 4 giao diém can tim (1am tron 4 s6 1& thap phan) 1a:
A(2.2839;0.6484) , B(1.3191;-0.8981) , C(0.8078;—-0.9306)
D(-0.4109;0.9906)
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S Ty P ;‘“ Dhias 15 - fi-.-ﬂ“n1 TN .-.L-.’.“n JAL L AA AL A
LULLE pPlidll T Iig lUL LUalig 1 00 ) ViUIIE WUl VU UC Ladp) uell

hoc sinh trong viéc sir dung MTCT trong giai toan ¢ bac THPT.
day dua vao y tuong do6, ching t6i dé nghi gidi bai todn sau day:

ii Ci

g:

. A
S"I‘g KiC u'

Cl

Cho ham sb:
_ X’ +7mx-566
> =
va duong thang: d: mx—3m+7.
Xac dinh m (véi gid tri ding) dé (C) va d cat nhau tai hai diém
phan biét.

GIAI
Dé don gian, trong bai nay ta khong dé cip toi cac diéu kién.
Phuong trinh xé4c dinh hoanh d6 giao diém cua (C) va d la:

% +7mx—566—-3x-9)(mx-3m+7)=0 (1)

Dung so phire dé khai trién, thay m bing i.

ioogl (2] (X] (3 () (7] [n6) (X] (=) (5] (6] (6] (=) (T

BIXEE00MNX EEEH D0 e
Khi dugc hoi X? tanhip 1000 (=)

(%2474 %~ EE.‘JM& b

T P e

—edialsrl

(xem tiép trang 112)
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TAI LI EUSI EUCAP. CQOV

L//éaz’/y/ tinh CASIO 570VN Plus 1a mdt céng cu tinh todn hitu

hiéu dé giai hodc trg gitp hoc sinh giai hiu hét cac bai todn cé trong
chir rong trinh T ung g hoc Phd ‘rhnn(r Viée sir du ng hlé_l_ qua mnv tinh

nay, 1up hoc sinh nh nhiéu thi gio hon dé giai cac bai toAn ma
m‘iﬁng thé giai duge bang mdy tinh, vi du céc bai u:r'"'n co chua, tham
s6. Trong chuong nay ching ta s& dé cdp dén cac bai toan vé Gidi

tich (I6p 11 va 12) nhur gidi han, dao ham, tich phan, diy s6 cho bang

2.1 Phuong trinh lwgng gide

1. Phuong trinh lwgng gidc co ban

Ta chuyén may vé MODE radian.

www.bitex.com.vn 31

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV
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1. Bam [#F] [sin] @ (=] ta tim mét nghiém chinh, liy nghiém
nay cOng voi k2.

2. Nghiém chinh con lai 13 7 — &, 14y nghiém nay cong véi k2.

)

T A

Vi du 1: Giai phuong trinh sin L2x — 1—0J =
(swFr) MooE (4]
[SHIFT}  [MODE]

[soFT)  [(x10°) [smrr] x109 () 10 [cALC) [slin] Va] 3
3

® 2 ® 0O & @ @m0 & ) —

30

5

Dilng phim @ cuon man hinh cii 1én ré1 stra chita nhu sau:
........ f=\ MY 1n (@A) (Aol [aan)  [(an

(SHFT)  (x10%] (HFT) (x10) V) 1= U 1) Al [ xiu SHIFT]

xI) (M) (=) [ac)] (i) (va) 3 &® 2 =)

o _
Lo

30

Vay hai tap hop nghiém cua phuong trinh da cho la

1371
x = —+kn
ou
(ke 7Z)
23
x = 2 kn
L 60

Cdac phuong trinh Iwgng gidc co ban con lai thye hign twong ty.,

2. Phuong trinh asinx+ bcosx=¢

Bién d6i trong dwong thanh rsin(x +6) = ¢ nhu sau:

feier) il {Poh o lm\lr\l 'yl |||.-rl ] 1 M1 (—1
LI} (| i a L7 ML T 0 I W | 4 [ [l |

1
_‘ SIS r o g DO P n

Man hinh sé xuﬁt hién r va 6 vdi

@ do
“n" bang cach bam phim [Rey (Y]
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Néu a® + b> > ¢ thi phuwong trinh ¢6 hai tip hop nghiém la:

X = arcsi11£—()+lc2;fr
' ¢ (ke Z)

T eyreoin Y & T Py B
S w3181 LI R | P

r

l.)\,’

h,

Vi du 2: Giai phuong trinh v/3cosx +sinx = —2

-.(PolleJsmFT[l][L] va] 3
|_ll_.|
r=2, 0=

Vay sinx+v3cosx = -2 < 2sin (x+ %J =-2

047197551

oo|::1>—'

G (sin) © @ & Ww O] X] ®
LJ =) ey [0 LY) =]
Vay phuong trinh ¢c6 mot nghiém la:

b
x:—€+k2n,kEZ

b

Vi du 3: S& Gido duc va Pao tao TP HCM 08/01/2012. Tim
nghiém gan dang (do, phut, gidy) cua phuong trinh:

V2cos7x—3sin7x=v3 (2011° < x < 2050°)

Nhan xét:
« Chuyén may tinh sang MODE d6:  [stiFl) [oog (3]

www.bitex.com.vn 33

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV
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+ 14077° < 7x < 14350°

* 39 x360° = 14040° ; 40 x 360° = 14400°

GIAI

- .
SRNRIRN . A [/ ¥ b A — L

o o) @ B @A D@ E S

(=) [Y]) (=] -123.2784441 (STO) [cos) (E)

@© ® [MDE)O) (=) -6.242752285
T

(STO) (n) (F)
[E [¥] 14400 [=] 14276.7215 (thoa) [=] (7] [=]
2039°31/53.94"

M) [ 14400 (=1 14201 78728 (L hAna thai)

) L) L7FFUw =) ST/ J @t \BIIVILE LUV )

3. Phwong trinh dwa vé PTLG co bén

May tinh ¢6 kha ning chuyén déi biéu thic rsin(x+8) véi r > 0
thanh asinx+ bcosx.

1

forne=] ) e \ fast m) 1 = =\ n ™
(SHFT] |=) (Rec)r [CALC) |y SHFT) W) 1BJ 6 WJ

B
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Vidu 4: PH A.2008. Gidi phuong trinh:

1 1 (7
- + =4sin|——-x
sinx . ( 331') 4
511 x—?

Bam mdy tinh (chuyén may sang mode radian)

3n

() (5 (Reoyt fe) O) [ O) 0] -— OJ

X=0Y=1

3n
Vay sin (x— ?] =COSX

Bl B Ro4En D& OO E -~ O

- 4

= Ry [X] 22
famil n /n
vy L 2v2

i
Vay sin (x— I} = 2+/2(sin x + cos x)

b,

Phuong trinh da cho tr¢ thanh:

1 1
— + = —2v2(sinx + cos x)
sinx cosx

< (sinx+cosx)(l + \/Esin2x) = {

va ta giai nhu cac phuong trinh théng thuong khac.

Vi du 5: B) Gido dyc va Pao tao, THPT, 14.3.2008. Tim nghiém
(do bing d6) cia phuong trinh:

2v3cos® x +6sinxcosx =3+ V3
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Giai
Phuong trinh dugc viét:

3sin2x + \/§c082x = 3

e A S A i E———————————————————————————
B @ B D @EE ® Br-2/0-

U

G (S @E DX ® O
=) b 0 (Y] B B &) B 15

Vay tap hop nghiém thir nhat la x = 15° + k180°

@ @ OO0 EHEBE @ 34

Vay tap hop nghiém thu hai ia x = 45° + £180°

Vi du 5: (S& Gido duc va Pao tao thp H6 Chi Minh, THPT,
11.1.2009). Cho x € (271;37), y € (0; ) va thod cdc phuong trinh:

tanx=2 ; 2siny+3cosy=1
Hay tinh:
_tan®(x* - y) + cot® (x — y%)
sin? (2% + ) + cost (x + 12
Giai
www.bitex.com.vn 16
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SHIFT| |sin \oill_) L1 {g} {ALPHA] U ox) & U
(=] [ALPHAJ (seD] (Y] =] -0.7017588217
1

@ ® @ ) (1) = =

oo

7774029  [SHIFT

-

-

Tinh A

B B ¥ =E 6 O @@ EH @1 @
1 m (3 ) Ea [ [ =)

= B A W g D) e Y

sin] (& D] &3 [ g @
3 D)@ (4 (=] 649.2957822

2.2 Day so6 - cap s6 cong - cap so nhan

r r 3 3”
Vidu 1: Cho day so co6 s6 hang tong quat u, = —.
1

Hay viét 10 s6 hang dau tién rdi tinh tong va tich cia 10 s6 hang 4y.

beé viét 10 s6 hang dau tién cua diy nay ta vao che do 1ap bang.
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Giai:
lap bang x| f)
1|1 3
9
e 3" 2|2 <
Nhap ham f(x) = = g
Start 1 (=) End 10 &) Step 313 1
1 =) | 81
— 4 &
. 3 b4
243
Ta ¢6 bang nhu bén canh. 5 | 5
125
‘ , . 27
D¢ tinh tong cua 10 s6 hang dau tién nay 6 | 6 5
im nhu sau: 2187
717 | —
343
6561
g8 | 8 —
JLL
3’ 919 27
Nh,ﬁp hE‘illl ——" ® 1 @ 10 Fon A
xj 10 10 JJU4Y
(=) 116.9492 1000

Pé tinh tich ctia 10 $6 hang diu tién nay ta bAm phim nhw sau:

tinh tich ciia 10 so hang dau tién

T () (1)
3_.

Nhapham — @ 1 @ 10 (E] 3650731.65
X

Vi du 2: Cho céap sb cong:

10 11
3 — —
3 3
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Khéng diung cong thirc, hdy st dung may tinh CASIO FX 570 VN
Plus, hay tinh s6 hang thir 12, tong cua 12 ) hang dau va tich cua 12
s6 hang d6..

Giai:
Tasé dung (D) lam bién dém, (A 14 s6 hang thi: [D, 13 tong cua

A A R S R G S
DEOoOE ! W BOBEOI®E ;
el (7= oy @ =1 @ (31 /) [l (& ) €@ =)
Wod \r/ B T B L) & o B 5 B el |
©
—— z w3 G L = r or e o i 2! 8 U Z
nhan vao [CALC] khi ho1 D ta nhép s6 0, khi hoi A ta nhap g, khi hot

Sau d6 nhén lién tiép ddu [=] cho dén khi thiy D = 12 thi tiép sau
do 1a dap so:

20
o = ? : 812 =58 ;P12 = 113540038,4

Vi du 3: Cho cip s6 nhan:

Khong dung coéng thirc, h
Plira i +Hinh c‘-r"’\\ e or
1 1u3, llay LILILIE W) llqll&

s6 hang do..

DS: Hop = 0,0271 ;520 = 179,4959 . Pg{] =127,5516
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2.3 Gidi han ciia day so

Khéi niém v& gidi han cua day s6 1a mét khai niém kha triru tuong
do1 voi1 hoc sinh.

Gia st (1) 1a mot diy so. Ta dinh nghia:

lim y,=L<—=Ve>0 3Ing: n2ny— |lu,—Ll<¢
H—0D0

Vidu: (B§ Gidao duc va Pao tao, Trung hoc Pho thong, 11.3.2011)
Cho diy sé duoc xac dinh béi bidu thire:

—

; /
b 3 B . "
un:\/5+\/5+</5+---+“'5 (n dau can)

g Shew

Tra loi

Ta c6 nhan xét: 1y =5, iy =5+ iy, 022
Tim Ay

@ @& (ve) B B

siF) [(va) (3vm) (5] () [ang (=) 1.886138823
E] 1.902502595

(=] 1.904008398

(=) 1.904146843

(=] 1.904159571

(=] 1.904160741

(=] 1.904160848
ﬁ 1004160858

Bows EE R AF LIRS

E] 1.904160859
(=) 1.904160859

e
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Qua bang ké trén, ta thz”iy s6 tu nhién 7y nhé nhat sao cho vai moi
n = ng thi u, gén nhwr khong thay déi (chi xét dén chin chir s6 thap
phan) la 10. Ngoai ra ta ciing c6 thé dién giai cho hoe sinh hiéu théng
qua két qua true quan nay 1:21'

Ton tai ng = 10 sao cho Y
an theo dinh I"IU]’\! ta co }

0 = |1y — 1.90410859| < 10710
11.. = 1 904108K9

R R s me A Y A N B VR GRY N

1:: \\/

Nhan xét: Nhin vao bang li€t ké ta ¢co nhan xet:
L. (i) la mot ddy tang
Hudéng din. Kiém tra t, > Uy, | < 5+ Uy 1 > ”'?;—1
2. (uy) bi chan trén boi s6 2 (chitng minh bang qui nap)

Vay diy (u,) hoi ty, gia st vé £. Khi dé ¢ 1a nghiém cua phuong

.
trinh-
LLl1iaRE.

lim u, =1.90410859

0

Tuy nhién cong viée d6 khong dé dang d6i véi hoe sinh 16p 11.

2.4 DAy s6 cho bang biéu thire qui nap

9] [ B | By
L s X

b} 1

A 1 "HI.'IT )
e Y ay d

Sy ra doi cia may tinh CASIO 570VN Plus lam cho viée thiét 1ap
mot diy sé cho bang biéu thirc qui nap dua vao hai s6 hang dimg
trude don gian hon rat nhiéu, d6 1a do mdy tinh duoc dua vio 6 nhé
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PreAns ( [APHY] [Ang]), trudc d6 may tinh chi sir dung 6 nho
luu két qua cudi cung.

Trudc hét ta né1 vé diy s Fibonacct:

1;1;2;3;5;8;13;21;34;55;89; 144;233;377,610;987; 1597;

DEQA-ATRT - L£765- 1TNAAGR-17711-2QRE7<- AL2ILQ. 7ENADIE-T1272072
LU, TLOL, UiUd, LUITO, Li (L1, L0007, T0I00, i JULT, LL1LIIT

196418;317811,514229;832040;1346269;2178309...

1
AL

Biéu thirc qui nap cua day so Fibinasi nhu sau:

1 =1; =1
Uy= U1+ Uy_2,0=3,4,5,6...

Dua vao dinh nghia, ta bam phim nhu sau:

g e

Nhian vAite N MATOT o
a N i O |

e Al
WANLREN A% -Be D WILILVF IVE Ll W
A

a3}

diy s6 ibonacci va dua vao d6 ta nhan xét rang: ké tir sb hz
24 trd di, ti sO gitta mot s6 va s6 dimg lién trede 1d mot hing so
5l

1a # 56 vang) va hing sé d6 bing 1.618033989 =
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r

2.4.2 Day s6 qui nap dua vao hai s6 hang dimg truée

Gia su ta ¢ mot diy s6 (u,) yen nhu sau:
=a; Up=>b; uy,=Auu_1+Buy_

o thir i cna div b (véiila
s ¢ LlUa Ldy sQ vl L ial

=3, Up=2; Up=2up_1+3Uy_2 (n=3). Tinh uy;

Qui trinh bim phim:

3 (= 2 (=

2 [ag) (B3 [P [ang] (PreAns) (5] s
= = =.. 18 14n nhén ddu (=]

Ta duoc 1z = 4358480503

BAI TAP
Bai 1. Bai tip twong tu: Cho diy s6 xéac dinh béi:
1 =17, =29 ;tpo=3Up +2u, (n=1)
Tinh u;5
Bai 2. Cho mét diy s6 (u,) duoc xac dinh nhu sau:

2Up1 +3U,; néunlasole

Hi=1: =2; Mpios= i Aok B
: TS 3y +2u, néu n laso chan
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Vé’i n) 1. Tinh Hio 5 r » U2,

1 1

s 1 @

I3 2 @

U 25 | 2 3 (e [ang (=)

Us 71 3 2 (W) [ang (=)

g 263 = e

2 @ =] copy lénh duge us

Hy 739 =) copy lénh dugc ug

U 2743 R SRR
V.V...

i 7703

g 28595

1l 80299

i12 298087

uiz | 837071

U4 3107387

15 8?2598?

Luwru y: Neéu biéu thirc qui nap chi c6 mot biéu thire, ta chi can
g8 ddu bang (=] s& copy duoc cong thire.

Néu biéu thirc qu1 nap cho bang hai biéu thirc, ta bam miii tén
1&n 161 gb dau b"&ng (=) s& copy duoc cong thirc.

2.4.3 Diy s6 dua vao ba sé hang dimg trudc

Mot day s6 xdc dinh béi mét biéu thuc qui nap dua vao hai $0 hang
dimg trude bing cach sir dung hai bd nhé va (Pre-
Ans) céc ban co thé doc & chuong 3. Tuy nhién trong cac ky thi Hoc
sinh gioi Mdy tinh ¢dm tay THCS cap Bo hay yéu cau thi sinh thiét
1ap mdt ddy s6 qui nap dua vao 3 sb hang dimng trude. Do dé trong
phan nay chiing ta s& trao d6i vé néi dung nay va hudng dan hoc sinh
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sir dung may tinh dé giai bai toan duoc dit ra cho ho.

Vidu 1: Thi giai todn trén MTCT/ 2011 By GD va DT.
o it Ady C‘A (10 ) dhieve vae dinh nhar can

LA J.].J.V'v il L L \.l]_.LLJ.J. AELLIWE UG

up=1; u=2; u3=3;

un+3 = 21.{;”_4_2 _Bun+l +2un (n :/> 1]

1. Viét qui trinh bam may tinh de thuc hién 12,,43.

2. Dua vao do deé tinh w9 ; uog ; Ugg ) Ug7 ; U

Phén tich: Ba s6 hang dAu tién ta 1an luot gan vao A, B, C.

Sau do ta thiét 1dp cOng thie tinh 3 50 hang tiép theo vé1 qui wde nhu
sau;

Trude Cla B,

trudec B la A,

trude A 1a C.

Céc sb hang cua day thay vi danh s& Uy, us, U3, Uy, Us, Ug, U7, Us,
g... tasé liét ke la

C,A,B,C,A B,C A B,C,A,

W >

!C}
A

o X

B ,B,C,A B, C A B,
, C ,C,A/B,C,A B, C.

L] 1

Bai giai:
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i | 1 [ R (sT0) () (A)
Uz 2| B 2 [sHFT (STO) (B)
i3 3| C 3 [suFr) [Red (STO) [wp) (O)
IBH2A—

| Al lin B0 @
5 - — —

W | 21 C|2B3A2C=c| O LB
Uz 3] A 2C-3B+2A | 2 @ (=) 3 2
g 10 | B 2A-3C+2B | [swrFr] [rel) (STO) (B)

Ly F| L 2B-3A+2C

i | -10 | A 2c3B2A | 2@ (= 36 2
_— 21 1 B 3A.30 8 [c] [sHFT) [RCL (STO) |hypl (C)
o 2 C 28-3A_+2C

= @ @ [Z] copylénh A
o IO S @ i
ti1 = X

s | 45 C Baaac]| O @ Ecoylenhc
— et de ulg -~
uy; | 41 | B 2A3CH2B | @ @ [E] upp=-142
g | 230 | C 2B 3A+2C
g | 315 | A 2C-3B+2A
@ @ (=] ugp = 2777450630
@ @ (=) ugy = -344795925
@ @ (=] gy — —9002867182

Lwu ¥: Gido vién trong qué trinh soan bai day, ¢6 thé dung bang
tinh MS Exel d¢ kiém tra dap so.

Ta tao ra hai cot. Cot 1 (A) danh sé thir tu tir dong 1 dén dong 68
(A1, A2, A3...A68)

Cot 2 (B) dong 1 (B1) nhap sé 1

Cot 2 dong 2 (B2) nhap s6 2
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Cot 2 dong 3 (B3) nhap sé 3
Cot 2 dong 4 nhap cong thirc: 2+B3 -3 «B2+2 * Bl

Tir dong 5 dén dong 68 copy cong thire, ta s& duge tit cac cac s6 hang
cua day so0.

PHCM 8/1/.

Vidu 2: S¢ Gido duc va Dao tao TP HCM 8/1/2
Cho mot day sO (1) dugc xac dinh nhu sau:
Up.Un—1+1 )
m=1l;wm=1; =1 upy=———— (n=3)
itpy—

(1]  [swFr] [Red) (STO) (] (A)
(1] [(swr1) [Red (STO) fs») (B)
1) [surr) [Rel) (STO) (©
B Oe B 0 ® @ @ [kd(EST0 ) (A)
B ® ReD (STO) () (B)
B e6 FH 0 @ @ @ k1) h €
@ @ EBF1u
@ @ (=26
® @ S
@ @ [=]97
@ @ [F153
Vay up; =153
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2.5 Phép tinh dao ham.

Phép tinh dao ham 1a phép tinh co ban trong Giai tich Toan hoc. O
day ta dung dao ham dé giai bai toan vé tiép tuyén, cuc tri ctia mot

r
a)

ham s6 (trir ham s6 bac 2 c6 chitc ning riéng) va khi dang vé dinh

T S T T o N L oo o pmvanieis
LU.yUl Lcll HIIUL UICTII UCL UU LI 1d, J.’ — {&X T VUl

r
~

Vi du 1: Viét phuong trinh tiép tuyén cia d6 thi ham sé

-

2 3 - "
f(x)=e&*"V¥sindx + log, (sin x + 2)

% 0 2 o - T
tai diém co hoanh dg x = T

o trinh tiép tuveén

« Chén phép tinh dao ham vao biéu thirc dd nhap: Péng
mo ngodc don biéu thuc da nhip, dua con tré vé dau
biéu thirc, bam vao {SHFT] [DEJ (Z&w) di chuyeén con
tedvakie o t18n [l [euerl ARl (7Y (=)

i IV \iv) =)

-
ham
LU UCIE vuldn Ualll ulp LOrHE i § 9T iy

12 (=] [sHFT] [Re (STO) (A) 9.008014756
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+ Tinh b: (=) (Gur) () (x109 (7T) 12

CRMB! 0.1577672473

Viy phuong trinh tiép tuyén can tim (Iam tron t6i 4 50 Lé thip phén)
la:
¥ =9.0080x+0.15778

Vi du 2: Viét phuong trinh tiép tuyén cia d6 thi ham s6

Vax2+2x+5

x4+ 1

flx) =
tai diém c6 hoanh do x=1-+/5

GIAI

Twong tu nhw Vi du 1.

1. Nhiap biéu thirc 1én man hinh:

VAx® +2x+5
x?+1

Bam vao va nhdp x = 1 — /5 két qua ta nhén
duoc gia tri ctia ham 6 tai x = 1— /5 1a 1.162749264,
luu vao [F).

2. Baim (& dua con tr6 18én, bim >» @
Gur] DED (wr) (& (1) @ @ @ (4]

(=] (5] =) 0.606239801 Lru vao @).

b
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3. Tinh [B] nhu sau: ten) (F) (=) @ 1

=) =) (8] (=] 1.912132755

PR (o NN i |
sau aau pnay)

¥ =0.6062x+1.9121

Vi du 3: Cho ham s6: y = x° —9x? + 17x + 3. Viét phuong trinh cac
tiép tuyén di qua diém A(=2;6).

(Viét két qua dwdi dang diing (56 vo ti), khong thay bang gan ding).

GIAI

Phuong trinh x4c dinh hoanh dé tiép diém (HDTD) cia céc tiép tuyén
di qua diém A(xg; yp) 1a:

flx) - flx)x—x0)—yg=0

OO0 @EOD0E®E

M A= M MEMmME A [E K0 R

= i =)o) Wy ) LB LTy g e i lEy

D] [« Xx] HE20O] = 6 O] =)
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@ @ B X @ @ @ @SOLVE) &

A - K A d
doi xz, x5 sang so vo ti

B EO0E8 . =

© E]Mﬁ @ @D (ST0) [m) (D)
5 i 3y sF) [C) (STO) [eod (E)

4

b

w

Dua vao két qua trén MTCT, hoc sinh s& viét phuong trinh tuong
duong cua phuong trinh HDTD la:

1 37
(x— 1](x ——x——):0<:>
2 2

X =l
2x2—x—37

Il
=
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[ x = 1
1+3v33
=|* 7 —7x
. _ 1-3v33

B 4

Hé s6 goc cua tiép tuyén cho boi:

> X +37 145 33
k=3x"-18x+17=3

—-18x+17=— - —x
2 2

. 1+3v33 145 33 1 33| 3v33
Khdo, x=——— = k= )——X———(i )
4 2 2 4 2 \ 4 J

(tdch riéng phan vé ti ra khéng dé MTCT tinh gan diing).
Vay phuong trinh ba tiép tuyén di qua A la:

y=2x+10
547 +99v/ 33 1142 + 198v/33
¥ = 3 X+ 2
e 547 — 99\/33x+ 1142 - 198v/33
B 8 ' 8

¥ — 2% 43

C) va diém A(-3;0).
2x+3 (©) (=3;0)

Vidu 4: Cho ham s6: y =
1. Tim hoanh d¢ tiép diém cua cac tiép tuyen ké tir A dén do thi
N /fo;"f E’lff CH1EeT (hr{’:’f doano ditno /0(';’ 1763 tﬂ IFhane thoy h.f%nu'

Vo (IET ke Ua Aol dHS QURRLZ (S0 VO ), KAQHS ndy Ddig

gan ding).

2. Lap phwong trinh céc tiép tuyén ké tir diem A (vdi cac hé s
gin dang) dén do thi (C) cua ham sb.
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GIAI

Caul.

Phuong trinh x4c dinh hoanh dé tiép diém (HDTD) cua céc tiép tuyén

r"h 11143 .r1'1p11"| :ﬁ(v <11, ].-'I
Lyun u L)y ¥ ta

flo) = et —xe) = yo =0

e (P -2x43)2x+3) - 2x° +6x—-12)(x+3) =0

g\'r V\ ha's a3 1'1‘ 1‘1 11
a-y P Ullé LIl

cua phuong trinh nay (khéng thu gon).

Ac hat Aa &
aC nai, G0

nhip va lvu phwong trinh

OOX@EERAXHEHORXBEEO
uwwm@w@wwwwwmwwq
DOE

b
tim nghiém x;

@ (sHFT) [CALC) (SOLVE) 0 (=) 1.644008863 (st (ReD

F At I | =Y

) \A) J

| @@ EIX][=] @ [«Frac)(SOLVE) (=)=
—2.105547324 [sHF) [Re (STO) [+ (B)

D
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D © @ 0 & FOEEEDE 6
2 322 m@m @ s e
) —3-3v66 (STO) (@ (P

Vé phia hoc sinh, 1o1 giai s€ nhu sau:

Phuong trinh x4c dinh hoanh d6 tiép diém (HDTD) cia cac tiép
tuyén di qua diém A(xy; yg) 13:

Fx) =) x—x0)—y0=0

= (x* - 2x+3)2x+3) - (2x* +6x—12)(x+3) =0

—3+3v66
X = —
> 13x°+6x—-45=0 _3_13\/@
X = —
13

(chu y tong va tich cua hai nghiém)

Cau 2.

Ta c6 hai tiép tuyén vdi hé sé gdc trong ting xac dinh nhu sau:
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a0 ] X
T ~ - .

(&) B
® ® @
OIS

(lam tron)

XE@ERXEHE®RXEHE
(=] 0.0827 (X] (3] [=] 0.2481 (Iam tron)
(=] -10.7494 (X] (3] (=) -32.2481

L

Vay phuong trinh hai tiép tuyén can tim (lam trén t6i 4 s6 1é thép
phdn sau dau phay) 1a:

=

A=
S

0827 +0.24

LI P

81
y=-10.7494x — 32.2481

il. Tim gia tri ion nhat va nho nhat ctia ham so
Vidu 5: Tim gi4 tri 16n nhét va nho nhat cia ham s6:
_ x*-3x+3

¢ x+1
trén doan [0;2].
Giai: Tim cyc tri va gia tri cuc tri:

oo 5 B 1 B 23 & 3 = 3 =
=) -1+v7 [ el (STO) [©) (A)

=) -1- V7 (loai) o

-

Sau do6 tré ra (1] nhap ham sé:
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]
?-3x+3 @ x+1 [F)

—| |—= |—.
L] (%) <>
W=

0
2
B —5+2v7 [0 0.2915026221

—

N

il

13

a4 -5+

Y

AT R -
va'uallLIN 14 5.

b e o TR T

Vay GTNN cua ham so

-

Bai toan 1: Tim gia tr1 lon nhat va nho nhat cia ham s6:

y=Mx+N+Vax®+bx+c

trong d6 b*> —4ac>0va a<0.

GIAI

Goi x1, x» 13 hai nghiém ctia phuong trinh: ax®+bx+c =0. Tap xdc
dinh cua ham so6 13 [x1; x»].
2ax+b

y=0c= M=+ = =0
2Vax? +bx+c

Khai trién va thu gon, ta ¢ phuwong trinh bic hai:
4M?(ax® +bx +¢) — 2ax+b)* =0

Néu dbi chiéu vdi céc diéu kién, phuong trinh nay ¢6 t6i da hai
nghiém, do do ta bAm may tinh tim cic nghiém cia né ma khéng
can thu gon thanh phuong trinh bac hai.

Tir ddy bang cach tim cic gia tri cuc tri va gid tri tai hai ddu mut cia
tap xac dinh ta tim dugc gid tri 16n nhat va gia tri nho nhat ciia ham
50.

www.bitex.com.vn 56

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAl TOAN VOI MAY TINH CASIO FX-570VN PLUS

Vi du 6: Bé Gido duc va Dao tao 10/3/2012. Tim gia tri lon nhat
va nh6 nhat ciia ham so:

y=2-3x—V5x—x%+4

GIAT

Tap xac dinh ctia ham so6:

mooel (5] (3] (@] (1] [=] I5]I—]l4l[-l[—15+r

D
(A%
[

Nhép biéu thirc sau vao mot cap dau dong mé ngodc don va
lru vio man hinh bing cach nhan dau (=]

(36(5x — x* +4) — (5-2x)?)

@ [sHiFT) [CALC) (SOLVE) 0 [=] -0.5372685097

% 2=

(STO) |hyp)

() () (™) [y (=] ) lcretl [FAIA1 (SO VY==K 5279R251
\__/ \;“/ H w ;J ‘:’ l“'" I lUﬂI—UI\UvI_J T l_-‘} (W PR O B AL L R
siFT) [Red (STO) (sin) (D)
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Tim cac cwe tri:
/.-

VI R @ (TO) 9 ©
E 0 -3vald 3F GF [ (STO) (@) (P)

Nhip biéu thirc sau 1én méan hinh:

2-3x—V5x—x2+4

11+3
MU—J

~11+3V4 GeD) 4.104686356

2 =

Tim cac gia tri

11 ++/410
(cag) (B (=) —— —15.62422837

" oun "'! COOT0% 200
[WALv] L) |=—] 10 BT £.22J30L0U09
Viay gia tri 16n nhat cia ham s6 1a:

_ -11+3v41
- 2

~15.10468636

[catel B] (=] ——M—

= 4.1047

va gia tri nho nhat cia ham sé 1a:
114410
m = -5 ~ —15.6242

b

Bai tip twong tw. y=2x+3+V3x—x*+2
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DS: M =10,6098; m=1,8769

Bai toan 2: Tim gia tri Idn nhat va nhé nhat cua ham s6:

trong d6 a' #0 va b”? —4a'c' <0, ab' —a'b#0
GIAI
Ta ¢o:
ax*+bx+c - g ; 0
y= —— = (ay-ax +by-bx+cy—c=
i A Ly [ )
- a /
Néu y = —, phuong trinh c¢6 nghi¢m vi ab’ —a'b # 0. Nguoc lai
a
phuong trén la mot phuone trinh bac hai. Phuone trinh nay co nghiém
I o it = = o = 0
khi va chi khi:

('y-b?-4dy-a)(y—c) >0

== (b -4d'c")y* + (4(ac’ +4a'c) - 2bb' ) y + b* —4ac > 0
Chii y: Hé 56 ciia y* la biét thire ciia mau, hé s6 tw do la biét thire
cua fir, con hé 6 ctia v, ngrroi doc tu fim hiéu.

Giai bat phuong trinh bac hai nay trén MTCT ta tim dugc gia tri lon
nhat va gid tri nho nhat cta ham so.

Vidu 7. Chon dgi tuyén TP HCM 19/01/2014. Tim gid tri ién nhat
va gid tri nho nhit ctia ham sb
1,4x-5,3

Y 3 72102x+v3
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GIAI

Ta ¢o:
_ 1,4x-53
3,7x2+0,2x+v3

y = 3,71x°+(0,2y—1,4)x+yv3+53=0

It

Néu y = 0 phuong trinh ¢6 nghiém x = —. Ta xét y #0.

Am=0,22—4x3,7v3 [90-25.59435195
(STO) (A)

Ar=1,4%> [840) 1.96
aFT) [ed (STO) [yp (C)

4(-5,3%x3,7-2(1,4%x0,2) =-79 [swFT] [Rc (STO) [+ (B)

Giai bit phuong trinh bic 2

@ UNEEEE00EE

—3.111232338 < y < 0.0246138465

L\ J

Vay gia tri lén nhat ctia ham s6 1a M = 0.0246
va gia tri nho nhat cua ham s6 la m = -3.1112.

111. Sit dung qui tic L'Hospital

; 0
Vidu 7: St dung qui tac L'Hospital khir dang v6 dinh =

Vi3 +8x2+24—Vx2+3x+6
x2—3x+2

Tinh gidi han: lin%
X—
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GIAI

. . N oo : .
G161 han co dang vo dinh 5 nén dp dung qui tac L'Hospital ta co:

qui tic L'Hospital

Vad+8x2+24-VxZ+3x+6 _ 1

Vay lim - a
x—2 X — 36+ 2 24

e iR ek s s ik ax®>+bx+c

2.6 Diem uon cua do thi hamsé y= ———— f

ax“+bx+c

Ta xét trudng hop a’ #0 va b —4d'c’' < 0.

Ta co: )
AXE 3 B4 C

- 7Y

y = .+ 0N T s .
(@' x*+ b x+c)?
voiA=ab' —a'b, B=2(ac'-dc),C=bc' -bc.

f

D4y 1a phuong trinh bic 3, khong can thu gon ta van tim dugc 3
nghiém cua no (trong truomg hop nd co ba nghiém).
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Khai trién va thu gon:

== 20’ Ax3 +3ad’'Bx* +6a'Cx+2b'C-c'B=0

Ta bam may tinh [0Dg (5] (4] dé giai phuwong trinh bic 3.

Tim dugc hoanh d6 diém uédn, biang cach badm ta tim duoc tung
do diém uon.

, \ £ 2x°—3x+5 . g T
Vidy 8: Choham s6 y = —; . Tim cac di€m udn cua do thi
) e+ x+ 1
ham so6.
GIAI
2
,  BX~—=br—4d
y=— .
(x2+x+1)2
ks I & S f‘\(--2 [T o ok L W L R 1'\![---2 T e (4R
g OX—bJX" +Xx+ 1) 212X+ 1}(0x" —bX—0)
¥= : ,
(x> +x+1)3

Y'=0= 10x-6)(x*+x+1)-22x+1)(5x° -6x—-8) =

== 10x" - 18x-48x-10=0<=5x"-9x—-24x-5=0

o A A
Biem uon
———————————————————————————————————————————————————————————————————————————~r]

wooe) (5] (4] (5] (=]©) (8] (=]] (2] 4] (=)L) (5] (=)
(=) 3.331090696¢ [s0F) [Red (STO) [ (A)
(=) -0.230888723 (STO) (

(=] -1.300201973 [swF1] [Red (STO) (hyp) (C)

AEl 4 ] ATl Tl 4laifn 1
MUUE] 1) INIOdp Dicu tnuc 1

PR U P S

Lt
il
-
-
o)
=
-
—
-
=
—
=
—

2x°—3x+5
2+x+1

e
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ic) @ (=) 1.11484884 (STO) (sin] (D)
[cag) (B) (=] 7.051481205 (STO) (E)
G © = 8.833669955 (STO) (tan) (F)

Vay @b thi ham s6 ¢ ba diém uén la:
A(3.3311;1.1148) , B(—0.2309;7.0515) ,C(-1.3002;8.8337)
Nhén xét: Ba diém uén nay thing hang trén dudng thing:

GIAI
Giai tuong ty nhu vi dy trén véi:

p_ —Bx'+30x*+48x+6
S (x2+x+1)3

- r
dan dén nhirono trinh bac 3:

Frre i

.....

3 2 2l
—X"+5x " +8x+1=0

. A A
Piém uon

oo (B](4) DI E=EEIE=EEEGE

(=) 6.295896943 [sHF1) [l (Sﬁ]_._(AT o
(=) -0.1370633395 [swF1) [Re) (STO) [+ (B)
(=) -1.158833604 [saF1) [Rcd (STO) [yp) (C)

e
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(1) Nhap biéu thire 1én man hinh:

—3x+5
24+ x+1

[Cad) @ (=] -0.2958969432 (STO) [sin] (D)
@ [ B (=) 6.13706334 [HF) [ (STO) [og (E)
@ () € (=) 7.158833604 (STO) (9]

det.(MatA)

AT ] ‘
|

woog) (6] (1) (B) (Sit dung MODE MATRIX)

B8 E 6 E B E Nhiptoado veco AB)
(=) @ (=] B (=) O (Z) (Nhip toa dé vecto AC)
g [ (4] (@ ) (4] (3] O] (=) 0 (Tinh dinh

Veeto AB = (—6.432960283;6.432960283) do do vecto phap tuyén
ctia dudmg thing di qua ba diém nay 1a 77 = (1;1).

Vay ba diém A, B, C thang hang trén dudng thing x + y—6 = 0.

Nhan xét: Vi viéc ching minh ba diem A, B, C thing hang dya vap
cac s0 liéu duge MTCT cung cap va la cac so gan dung nén ¢ day ta
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muodn kiém tra lai dé chuan xac ctia két qud noi trén bang viéc tinh
toan truc tiép dua vao gia thiét da cho, khong dua vao toa do cua céc
diém uon tim duoc.

Got (xp; yo) 1a toa do diém udn.

Ta c6 toa 46 diém ubn thoa min phuong trinh:
~x+5x> +8x+1=(—x+6)(x*+x+1) +3x -5

= -8 +5=(—x+Bilx" +x+1)
—3x%p+5 (—xo +6)(x5 + xp + 1) B

— — X
Xo+xp+1 X5+ x0+1

1
e b

Viy vy = +6

T WU

Do d6 phuong trinh duong thing di qua ba diém ubn 1a:

y=—x+6

Nhén xét: Néu db thi ham sé:

X+a
y=d.
(x+b)=+c-

¢6 ba diém ubn (tuy theo gia tri cua a, b, ¢,d véi sy tro gilip cia
MTCT) thi ba diém udn nay thing hang. Phuong trinh duong
thang di qua ba diém uén la:

dix+3a-2h)
y= P
40
(Thira s6 d duoc bao Tuu.)
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Do dé ciing dtng trong truong hop tong quat co dang:

ax+b
cxl+dx+e

y =
trong d6 A = d? — 4ce < 0 1a biét thirc cia mau.

Ap dung cong thirc da xay dung, ta ¢6 phuong trinh dudmg thing di

qua ha didm udn 14

ida Lois NEdwEEd wihsaE iR

[ —%[acx+3bc—ad]
A N J

|

i 2x+3
Vidw: ¥z s, e

Odiya=2,b=3,c=4,d=5,e=6suyraA=-71.
Do d6 du doan phuong trinh duong thiang di qua ba diém u6n la:

8 26

= —X+—
Y=:* "7

Tinh trwe tiép véi sw tro gitip ciia MTCT.

_ 64x° +288x% +72x— 114

(4x2 v 5x +6)3
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ta duoc ba nghiém:

x1 =-4.122270245 , x» =0.4950752313 ,

x3 = —0.8728049865.

Viy do thi ham s6 ¢6 ba diém ubn. Goi (xo; yo) la toa do diém udn.
Thuc hi¢n phép chia da thic tim thuong va du ta co:

64x> +288x2 +72x— 114 =

Suyra: 2x3+3 =

Suy ra: yo = —
i1

(16x +52)(4x% +5x +6) — 142(2x + 3)

1

(Bxp +26)

Vay phuong trinh duong thang di qua ba diém udn 1a;

8x—T7ly+26=0

Luu ¥: C6 thé ta khong can giai phuong trinh bac 3 (vi ra nghiém
thap phan) ma ta chi can chung minh phuong trinh c6 ba nghiém.

J]_\IIT(VT e oy IR 1-1]11

A w4 O l.oJ.U bl.l.l.l_’ PO BRE Y

Chirng minh phwong trinh bac 3

cé ba nghiém

faar nl

| PR | [ =]

g © B & -1274<0
cae] (© (=] 38>0
cae) (0] (=] -114<0

[cag) () (=) 310>0

(cédc s6 dwpe chon duoc goi ¥ tir nghiém da liét ké cua phuwong trinh

noi trén)
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Vay phuong trinh y” = 0 ¢6 ba nghiém phéin biét nén d6 thi ham s6
cO ba diém uon.

ax® +bx+c

ax+b'x+c

Téong quat cho ham s6: y =

Khi d6 do thi ham s6 c6 ba diém uén va ba diém udn nay thang
hang trén duong thang:

[ A bb'—ac -3d¢
= —x+

trong d6 A 1a biét thirc cua mau va A = ab’ - a'b.

o M ra" a1 hanm o
PR . Uit IRCRNNL 3

o) 1

sy due hin Y
LU A PG o

cha>

Nhiéu bai toan tim gia tri lén nhat va gia tr1 nhé nhat dan dén tim cuc
tri ciia ham s6 bac hai. Trong phan nay chung t61 gioi thi¢u mot so6
ung dung nhu thé. Vi cdng cu nay, hoc sinh s€ tiét giam nhicu khau

Vidu 1: Trong mat phang Oxy cho dudmg thing A : x+2y—3 = 0, hai

diém A(1;0), B(3; -4). Hay tim trén A diém M sao cho |m+5M—B‘

nho nhit.
Giai: Gia s M(—2y +3;y) € A. Khi dé:

|nﬂ+31\_4§| = \/80y2 + 64y + 148
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Ham sb f(y) = 80y% + 64y + 148 co tip xac dinh R, dat gid tri nho

676 2
nhat 13 - tal y = ——

M (5] [_]80 E] 64 (=) 148 (=] (=) (gb nhicu lan
ddu [=] cho dén khi xudt hién

w-Ualue Mininum=

_Z
=

gd tiép dau  [=) dé c6 Y-Value Minimum.
A , 2 . .
Vay |MA+3MB nho nhat khi va chi khi y = = Vay di¢m M can

19 2\
umlaM[— ——).
5 5

x+1

-1
Chirng minh rang vO1 Mol m duong thang d : y = x+ m lubn cat d6
thi (C) tai hai diém phan biét A va B. Goi ki; k» 1an Iuot 14 hé s6 goc
cua cdc t1ep tu.yen véi (C) tai A va B. Tim m dé tong ki + k, dat gia
tri 16n nhat,

Vidu 2: Cho ham sb y= (C).

Giai: Phuong trinh hoanh do giao diém cua (Cyvad la:

2x°+2mx—-m—-1=0

Ta tinh duoc: kj+ky = —-4m?>—8m -6
Ham s g(m) = —4m? — 8m — 6 xéac dinh véi moi m, dat gi tri lon
nhat 13 -2 khi m = —1.

Math?®

r-ualue Maximum=
-1
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Vay k) + k> dat gia tri l6n nhét khi va chi khi m = —1.

Viduy 3: Tim GTNN ctia A = 5x° + 9% + 24x — 12x y— 48y + 82

Giai:

12 812 12
A=9 P —9| — +5x +24x+ 382

© 0 X EDXOEE OE ®
LEE0NEEEHREBE
© (0] X [4](&8] [x] (E [IE] &
{E}{?h:.

i

gd nhiéu 1an dau  [=] dén khi xuat ra thong bio X-Value Minimum
=4 [Z]

Y-Value Minimum =2

Do

!:lh

0

{

Tacod: A=5x%+9y*+24x—12xy—48y+82

12 48y (12 A8\
A=Y | p—=—F——ala=H|— % L —| +h¥ 24482
18 18 18 18
2 2
4;9(“_2;,5_@\ r;_g'lz ](1»_4}24,_2;9

" 187 18) " 182 )7
48 16

. o 12
Xay ra dau bang khi vachi khi x =4;y = Ex+ﬁ =
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16
Vay GTNN cua Ala2 datdugc khi x =4,y = 5

TOAN NHANH.

Thu gon phuong trinh:

x—4)? —2x+3\% (x+4
Shes la+ =" =
2 2 2

2 (2x+13]2
_|_
2

GIAL

J 1
Ta thue hién trén MTCT nhu sau:

TOAN NHANH

don:

[ x—4\ [ =2x+3\* (x+4)\° (2x+13)"
5——| +[d+—| —I———] —
2 2 2 2
va nhan ddu (=] d€ lwu biéu thie 1én man hinh.
[caLc) (0] (=] 33
@ ® (st EL) (snF) (3] (1) @ @ @ (0] (5] -33

Vay phuong trinh d3 cho trd thanh: —=33x+33 =0
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BAI TOAN CO CACH GIAI LA.

: 3 6 ,
Cho ham s6 y = gxg Ty oy ﬁx+ 9. Ta thay ngay ham s

nay ¢6 hai diém cuc tri. Hay viét phuong trinh dudng thang
di qua hai diém cuc tri dé.

GIAL
Ta cé: e
y- Y-V _ Ax+B
18

z 4r Aae o P11, 2 1 s Tow 2o 1 B

trong do Ax + B la du cta phép chia ¥ cho j'.

Do d6 ta viét phuong trinh dudng thing di qua hai diém cyc
tri nhu sau:

dutng thﬁng di qua hai diém cuc tri

Nhap biéu thic:

3 4 5, b 1 {9 , 61)(9
=X P —=——X Y —— | =X A —— || =X+ 14
8 11 18 \8 11/\4

MO » B & 610 e

” 14
WHDEE e &8 -5 (STO)
(A)
Vay phuong trinh duong thing di qua hai diém cuc tri 1a:
_ 116
Y="9*"3
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TRONG CHUONG TRINH LGP 12

3.1 Phép tinh tich phan

Viée tinh tich phan v6i két qua gan ding thuong dimg trong céc nganh
khoa hoc thuc nghiem Doi véi bac hoc pho thong, viée tinh tich phan

con ﬂilna ffp lznlm tra lm l{pf aua tinh toan chinh xac hnnnr cac ﬂh]rn*n(r

AR S W Al il WA e =]

phap thh phan.
Vidu 1: Tinh I = f4 Vvtanxdx
0

=y —1 i M~ =~ ~n SN Raral (Canel Go=el [anv
U= vm (an X Wy & U @& (CAl) x0T [sHiFT) (X107
(T) 4 (3

_ Math &

4

R CETTERN:

So sanh vdi Maple

I=E4—\/§—£ln(1+\/_)

www.bitex.com.vn 73

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAI TOAN VOI MAY TINH CASIO FX-570VN PLUS

Kiém tra lai v6i may tinh CASIO 570VN Plus , ta ¢6 dung két qua
nhu trén.

i3 dx

Vidu2:T1’nhI:f —
7/6 sin” x

(= 1 (sin) O @9 » [ (x109 [sHF)  (x109)
() 6 @ [ag) (x107) [swF) (x109) (7T) 2 =

Math &

ﬂgin;mgux
a8, 7640451

Qo eanh vy Manle
WS WA AEN L S 8 l"l“l.}-v

1451 1235 35
+—1 24V3|-—— - In3
\/— n( \/_) 1728 256 i

Kiém tra lai véi may tinh CASIO 570VN Plus

Math &

125l [T =1nl2p
A8, "E40451

X 2
f e ldr=x
1

Trudc hét, ta cd nhan xét rang dao ham cua ham sé
* 2
fx) =f e "dt—x
1

13 fiix) = e~ —1<0dodo phuong trinh néu phuong trinh
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f(x) =0 c6 nghiém thi d6 1a nghiém duy nhat.

Sau d6 ta s& gan 1 cho [Ang va tinh bAm may tinh dé tinh

M,
f e Edy
1

thye hién lién tuc cho dén khi nao két qua khong doi nghia 1a:

[-M 5
X T N
i A

‘-’1 Lot FR S
Khi d6 x = 1a nghiém duy nhat cia phuong trinh di cho.

Giai phwong trinh f(x) =x

1 MAel
1 |HIIB|

EM) M O @ X @& ® 1 @
(=] [=]... =] ..x=-1.613080626

Vi du 4: Tinh dién tich hinh phéng gi¢i han boi cac duong:
y=12x-7]+1 ;y=|x2—4x| x==1:x=2
GIAI
Dién tich hinh phang tao thanh cho bdi cong thirc:

n2
s:] |12 = 7]+ 1 - |x* - 4x]| dx
=1

Dién tich hinh phing

Ak @ X EH-D S HOD S
X @885 0080 ® &

13.33333296

=

e o e M
So véi gia tri dang la = 13.33344333
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3.2 Dung mdy tinh kiém tra tinh ding din ciia mot so
cong thire mai

May tinh cam tay 1a cong cu httu ich dé kiém chimg mét sé nghién
cuu ca nhan trong qua trinh soan bai day cho hoc sinh 12. Vi du:

Cho ham 36 y = ax® + bx® + cx + d. Khi ham s6 ¢6 hai diém cuc
tri, hay thiét lap cong thirc tim khoang cach gifta hai diém cuc tri
theo a, b, c, d.

Giai: Hoanh d¢ cua diém cuc tri (néu co) la nghiém cua phuong
trinh:
3ax’ +2bx+c¢=0

Dit A’ = b* —3ac (luu ¥ a, b.c 1a hé sb cia ham s6 bac 3, khong phai

cua phuong trinh bac 2.)

-b+ VN 2V

————— suy ralx; — x| =
3a ) 3|al

Phuong trinh dudng thang di qua hai diém cuc tri la:

Vi X12=

y=kx+p

. e - 2.(b*—-3ac) . .. A
(chi quan tam tG1 hé sO goc k= — o5a , con 3 khong quan tam

e b
dit biét ring = d - é.)
Khi do khoang cach d gitra hai diém cuc trj xac dinh boi:

d*= (=31 + o —x1)% = (K* + 1) (2 — x1)°

Vay:
21 4 b®-3ac
x e

g bz—BaC]
B a Ya

9a

o
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b2 -3ac
9a

Dit e = ta c6 cong thirc (chi dé tham khao):

T - r o~ . . A - “» bt ){ A .
Khoang cich giira hai diém cuec tri ctia ham so bic 3

de +16¢°
dzle e
a

va n6i thém, hé sé géc cla duong thiang di

b? -3ac

9a
qua hai diém cuc tri 1a k = —2e.

vol e =

Vidu 1:

Ap dung cong thire vao bai todn: y =x3 —4x” + 3x - F

(] () [ed (STO) (&) (A)
(@) [HFr) [{eD (STO) () (B)
(3] [F [ed (STO) [yl (O)
© (8] [eur) [ (STO) (sin) (D)

Ap dung cong thirc vao bai toan: (tiép theo)

Bex 03800 @ 0608 6 @) kK
L
@ EAEEODIMW @ @6 &
3.261783534

y

Lwu y: Khoang cach gitra hai diém cuec tri cua ham so la
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/7756
d=1 =3.261783534
V 729

Vién dé chinh ¢ day 1a may tinh da tinh chinh xdc gid tri nay véi (su
hién thi) 9 chir s6 thip phdn sau dau phay.

Vidu 2: (S& Gio duc va Dio tao Thira Thién-Hué, THPT, 01.12.2007)

1. Cho ham sd f(x) = ax®+ bx® + cx—2007. Xac dinh a, b, ¢
sao cho f(x) chia cho x—16 c6 s6 du 1a 29938 va chia cho

10873 : :
x*—10x+21 dugce da thire du la ——x—3750 (két qua lay
chinh xac).

fal
10

2. Tim khoang cach gitra diém cyc dai va dieém cuyc tiéu cua do
thi ham s6 f(x) vai cac gia tri a, b, ¢ vira tim dugc.

GIAI

1. Theo dé bai ta biét a, b, ¢ 1a nghiém cia hé phuong trinh:

([ 16%a+16%b+16c = 29938+ 2007
. 5 10873
d 3°a+3“b+3c = T x3—=3750+ 2007
i 10873 _ . .
{ " AT+ D+ {(C = 16 X —I2(IVUT LU/

Bam may tinh giai hé phuong trinh va lvu nghiém vao @&, B, [
LCuthe a=7,b=13,6=—-3.4375
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Ta muon doi ¢ ra so hiru ti vi:

’ , 55
16¢=29938 + 2007 —16°a—16°h < c = -

Pé tinh khoang céch gitra hai diém cuc tr, ta ap dung cong thirc:

[

Khoang cdich giira hai diém cuc tri

VSi @), B, [© da luu, ta tinh [E)
(STO) (cog) (E)
m B @6 @16 68 © @ @ =

11.42102447

Bai tip twong tw. By Gido duc va Dao tao. 13/3/2007

Tim ham s6 bac 3 di qua céc diém A(—4;3), B(7;5), C(—5;6),

D(-3;—-8) va tinh khoang cach giita hai diém cyc tri ctia no.
563 123 25019 1395

,b:—,C:— ,d:—
1320 110 1320 22

Khoang cach gitra hai diém cuec tri 1a: 105,1791.

PSbii=
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b - Bl (5T0) [©) (A)
(STO) (B)
250 ° @ & 6T0) [ (©
1 @ @ (STO) G ()

.IEEI@@@G)@@@]
(STO) (69 ()

(=] M )l M [E [1lsl M (»3 (& [/ (=]
s =23 O e O Uk U g I da -

105.1791174

Thém mot lan nira, ta co co so dé khang dinh tinh diung dan cua cong
thue dwoc thiét lap o trén.

Vi du 3: Tim hai diém cuec tri va khoang céch giira hai diém cuc tri
2x®-5x+3
3x2-x+1

£ 1‘\‘
MATIO oYY O
Lud Lidiil o

Coos

y=

Giai phwong trinh y' = 0:

A1
=2
Q2 H0LEEGZENOMEGE=ME O]
E @ 6 B &
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Giai phwong trinh y' = 0:

B « - 7+5‘/ m &) STO) @) (A)
E]x2=

ey o b T——

G e 2 -BxH3 .. ..
Nhép bicu thire : 1én man hinh.
3x2—x+1

[Cacl @ (=) 0.02913709779 [swFT] [Red (STO)  fhyp) (C)
m B = 3.120046189 [shFT) [ed (STO) (sin) (D)

Khoang cach giira hai diém cure tri:

m [0 =680 @33 3 OO E @
(=] 3.41943026

Nhén xét: Thong qua may tinh cam tay, ta c6 thé kiém tra lai mot s6
cong thure do cac nghién ctru ca nhan (cua hoc sinh chang han) dé co
thé bac bo hoac khang dinh tinh diing dan cua nghién ctru do. Vi du:

ax*+bx+c

Cho ham s6: y = ————+ Trongs truong hop ham s6 co hai
ax+Bx+c i

R tr1 hayw 11 .cA\ 151 cANn o thh nh Lha f)ﬂTﬁ .' I'\ a a1 d148m

\-v l.l. ll.ﬂy)‘ 1oL 1cl t_)' bUllb LllL.I.U l.lllll no anllé il I. llal Lilvdll

t
xét cde truong hop suy bién)

C6 thé hoc sinh s& thiét 1ap cong thire tinh khoang céch cua hai diém

www.bitex.com.vn ’1

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAI TOAN VOI MAY TINH CASIO FX-570VN PLUS

cuc tri do6 nhu sau:

Y =0= (ab -d'b)x*+2(ac’ —-a'c)x+bc -b'c=0

Khi do tung d6 cua cac diém cure tri s€ tinh nhu sau:

_ 2ax1+b _a ab'—a'b
iy 2a'x; + b - E - a'ax +b)

_ 2ax+b _ a ab'—a'b
2 A tl @ dRanth)
Bt g 2(ab' — a'b)(x; — x2)

Aa2x1x +2a'b' (x1 + x2) + b2

Thay x1x2 = M va X1+ Xp = = vao dfmg thure, ta
o5 ab'—a'b ab'—-a'b

2(ab’ —a'b)(x1 — xo)

b2 —4ag'c!
Goi A, 1a biét thire ciia mau s6 trong ham s6 dd cho, A1ahé s nguyén
thuy cia x? trong phuong trinh bac hai ' = 0 & trén (nghia la hé s6
ban déu khi chua don gian hoac doi dau (néu c6)) va d la khoang
céch giita hai diém cuec tri, ta ¢6:

¥ =

2 2 2 2 44? |
d”=(x1— )"+ (y1—y2)" = (x1 — x2) 1+?
2
Suy ra:
‘ 4 A
d= |JC1—JC2|\ 1+ P
Voo
ma |x; — x| = L véi A1 1a biét thirc thu gon nguyén thuy cua

| Al
phuong trinh bac hai y' = 0.

www.bitex.com.vn 22

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAl TOAN VOI MAY TINH CASIO FX-570VN PLUS

Vay
.y
& il dean 'V 2 ! 2
2
Tém lai:

Khoang cach giira hai diém cwe tri ctia ham so bac 2 trén

bac 2:
4A;  16A;
=\ E
2

-

Nhin xét: Sau day ta s& sir dung may tinh cam tay dé kiém tra tinh
dung din cua cong thirc trén,

2x*-5x+3

3x2—x+1

Y =0 13x*-14x-2=0

A=13,M =758 =-11

Ham s6 y = f(x) =

kiém tra trén MTCT

13 (A [y (STO) [©) (A)

75 (STO) (sin) (D)

11 (STO) [og (E)

2 @W 0D EAE® 4D B 6 @
=] 3.41943026

Nhén xét: Khong phai ngdu nhién ma két qua ndy tring khép véi
k&t qua da thuc hién & trén (truc ti€p trén may tinh cam tay). Két qua
nay giup ta tin rang cong thirc néu trén la dung dan.
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3.3 Van dé so phire
3.3.1 Cac phép tinh s6 phirc duwdi dang dai s6
1. Dé nhap mét sb phire ta vao (2]
dé nhap s6 don vi 4o ta bAm phim

2. Céac phép tinh ¢dng, trir nhin chia duoc st dung cac phim
, (=], [X] (=] twong Gng trén ban phim.

3. Phép lay Ity thu:a 2 va luy thira 3 cua mot s6 phirc thyre hién
nhu d6i v6i s6 thuc. Luu y trong {00 s6 phre, khong c6 céc
Ity thira bac 1on hon 3.

4. Pé lay s6 phirc lién hop cua mdt s6 phirc z, ta bAm (2]
(2] t6i nhép sb phttc z vanhan phim (=] . Pé lay mé-dun
ctia mét s6 phire, ta bam nhap s6 phirc (hoic mét
bicu thirc gdm cdc phép tinh sé phirc) rdi nhdn phim (=] .

Vidu 1: TSPH A2010 NC: Cho s6 phtic z théa man:

— L—&fay )
Z= % Tim mo-dun cua sé phirc z + i z.
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MAY TINH:

e

T B 5555
BAI LAM [VoDE (2]:

Tacé: (1-+v/38)%=-2-23i A1 = =3 &
B O) (3
Dodo: 1-v3i)P*=01-v3i)%.1-v3i)=-8 [ (X

A = & W3 0] E

vay;z=f8.=-4-4f ® OB @
=

.

Z+iz=—4—4i+i(—4+4i) = -8 —8i. Viy: |E+z'z| —8v2

Vi du 2: Tim phan thuc va phan 4o cua sb phirc:

z=(1+i\/§)3

1+1

g 2 (O B @ M @3 @1 &#
B & B B @ @ 5 w
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Vi du 3: TSPH D2012 NC: Cho s6 phirc z théa man:
2(1+42i)

¥ 1 =\ = L ST & B
l&aT i) T 7 i TO!
Lt

Tim mo-dun cua s6 phic z+1+1

MAY TINH:

foog (2) 7 B B (= B2 (A1 #H2
g @ | B &>
(=) [swr) (swr) (aeg [ang) (F) 1 (Eng)

BAI LAM (2] :

Ta co: 2(11?”=3+i A (1] 2]

End @ (1 #H W =

Vay: @+i)z=7+8i—(3+1)=4+7i

E]‘4

=Sl B0 E0 R @ M
1

(=]

Dodé: |z+1+i|=5 (swFr) [shFr) (as) (and () (4]

+ g (=)

3.3.2 S0 phirc dwéi dang lweng gidc

Muodn viét s0 phic dudi dang lwong giac, ta tim mé-dun va Argument
cua sO phirc do. Vi du, viét s6 phirc z = 1 + i dudi dang luong giac.
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chuyén sang dang lwong giac

oog (2] lillillELellsJMlzllall=lﬁ4§

iy 2 i
Vayz-x@(cos4+;sm4]

Muon tim nhanh mé-dun va Argument ciia mot so phirc ta chuyén sé

phuc sang toa do cuc.

boog (21 (B B (e (2] (3] @ﬁé%
Vi du 1: Cho phuong trinh z* —2v3iz—4 = 0. Goi z1, 22 13 hai

nghiém cta phuong trinh. Viét z1, z, dudi dang lwong giéc.

Bai giai:
A=(—V3i)2+4=1

VAxyr = — 1 L 7./92
Vg.-y Al = LT by D,y

g ==

.
-
oy
"

1 B W @3 & @ G E]zzg

[ 1 g a3 [ [2) (3) [512,4-23E

2 n .. 7 n .. 2n
Vay zy =2(cos—+isin—) ; z»=2(cos—+isin—)
3 3 3 3

1—+/3i

Vi dy 2: Hay tim dang lugng gidc cia s6 phirc z = o
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(.
ﬁl‘]ﬁlﬁﬁ:@@ﬁ@l@
[@@m@@@\ﬁz——

— 7k — 2
Vay z = \&(cos?+ isin

12
P A UL S R ORI Sl i £ P [ PR T i SISy B SR IS [ AR IR I
av P]J. l) LILIE VULix, wiu, llildil, Lilld va J_u}’ Ll].u.d. hil) tJlLl.le uuy [ABLUAW
hi¢n d¢ dang vd1 may tinh CASIO 570VN Plus .

Vi du 3: PH A2013: Hay tim dang luong gidc cua so phiic z =

()

a S e A a 1 A + i A (4 P TP
| 1+v3i. Tim phan thuc va phan ao cua s6 phac w=(1+1i)z”

=1++/3i

eF7) [ood (4] fuoog (2]

@B ®®EEE R E B

~ ey SUMREE
Vayz:2(cos§+;sm§)
51 5n)

,_

@ =7 (cosT +isin

[suFy) ooy (4] ([woog

[

(1] () (e [wer) (2] (3] (=) /2/

l L J L J | S

. ERE
Vay1+z—\/§(cos4+zsm4]

Thuc hanh trén may tinh dé tinh cac gia tri lwong giac, ta co:
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suFt] (oog (4] [oog (2]

2@ 58 & W 2 ® B ) (£) ([
(5) G [x10) (M) & (B & (B [ (0] (w
= @M= =16+16v3 + (16— 16v3)i

Tir day ta suy ra phan thye va phin 4o ctua w lan lugt 12

16+ 163 va 16— 163,

A A _r A
3.4 Mot so vi du nidng cao

Vi du 1: Trong tap hop s6 phirc hiy tim cic s6 phiic z va w thoa hé
phuong trinh sau:

1+z—iw = 241 (1)
2+iz+2-Hw = 2i (2)

Nhan phuong trinh (1) cho 2 — i, phuong trinh (2) cho —i rdi trir hai
két qua cho nhau, ta cé:

(1+i)(2-i)—-(2+ i){—i]l z=(2+i)2-1)=(2i)(=i) = (2+3i)z=3

3 B 4,

Vay: z= I
2+3i 13 13
2+i—-(1+i)z 16 411 .
-1 13 13

Vi du 2: Khai ciin bic hai ciia mjt sé phirc.

Vio (2] ta nhap mét s6 phirc nhan dau (=) dé heu vao phim
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Sau do ta thuc hién cdc thao tac sau day:

— Arg(Ans)
v |Ans| / =

Bam phim khai can bac hai mot sé phirc

(va) (sHFT) (avs) (ang) &> ® A (O (L) (E] [HeT]
l kD ®2 = ]

Vi du: Cho sé phirc z = —80—192i. Thirc hanh ding thao tac trén ta
¢0 hai can bac hai cua so phuc z [a +(8 - 12i).

Vi du 3: Gidi mot phuong trinh béc hai véi hé so phire.

Vi duy ta can giai phuong trinh: z% —8(1— i) + 63 —16i = 0.
Tacdé: a=1; b=-8+8i; c=63-16i
A =b?-4ac=-252-64i = (2 - 16i)? (khai cin bac hai ciia A nhu

trén)

Vay hai nghi¢m la:

—b+(2-1610) )

B — =5-12i
2a

—b+ (2 - 16i) :

Zo = ok =3+4i
; e o R . 3w . 37
Vi du 4: Tim argument chinh cua s6 phtrc z =1 +sin = +icos =
(4] chuyén may sang mode radian
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(4] va nhap so phire:

& e B @ M) () E) B B B
ey (B (F) (0) (M) B B E
i) (2] (30 [y (=) _%

3.5 Phép tinh vecto trong khong gian

e —

s
J hue hién cac phép tinh vecto trong mat phing kha don gian nén
¢ day chung t61 d€ cap dén cac phép tinh vecto trong khong gian.,
Gia su ta co ba vecto :

—_—

a = (ay;azas); b =(b1;b2b3); ¢ =(c1;¢2;¢3)

Ta thuc hién cac phép tinh sau day:

Nhip cac vecto

1) O] Nhap toa dd vecto @
(5] 2) (2 (O Nhép toa do vecto b

Tich cé huéng (@, b):

Tich v6 huéng a.b:

tor) (58] (B3] (m) (8] (@ @) (8) (&) (=
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Vi du 1: Cho diém A(0;0;-2) va duong thang;
x+2 y-2 z+3
2 3 2

Viét phuong trinh mat cau tAm A va cit A tai hai diém B, C sao cho
BC =8

Bai giai:
Goi R 14 ban kinh mat cdu va d 1a khoang cach tir A dén A. Ta ¢o:

Rz = dz T HCZ v{l J.L.l.r .lé tldﬂg diém BC
A qua B(-2;2;-3) va vecto chi phuong a=(2;1;2).

I 2 & 2 31 3
SHIFT I_I@E]:z@s@z@
[SHIFT] B X] @) (5] (&) (B
[BA a‘ (=13;2;10)
(shrr] (avs) (sHFT) (5] (6] D) (=3 (=) 153
(sFr) [abs) [sHFT] (5] (3] 17
@
|[BA,G,]‘ 153
Viy: R°=—— > +16=—+16=25
3| 17

Phuong trinh mat cau: x2+ y2 + (z+2)2 =
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Vi du 2: Cho hai duong thing:
a3 g=2 i x—2 Pyl z=—1
AN | = - = s A == =
3 = -1 Z 3 -5

Tim khoang cach ngéan nhat gifra Ay va A,

Bai giai:
A1 qua A(—1;-3;2) va vecto chi phuong a = (3;-2;-1)
Az qua B(2;-1;1) va vecto chi phuong b = (2;3;-5)
Xétba vecto : a; b; AB = (3;2;—1). Ta cd cong thirc:
|

b |.AB

| &
[22]]

2l

d(A1,Az) =

thuc hién phép tinh

e (5 B) X] @) (B5) (@) (B

(surFt] (5] (6] [swet) (5] (7) (swFr) (5] (58] (=] 52
Gurr) () (wF) (B] (6] ) B @ (&) 507

52 43
Vay d(Aq,A5) = .
’ bee V507 3
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TAI LI EUSI EUCAP. CQOV

CHUGNG 4

cAc BAI TOAN PAI SO

%& bai todn dai s6 thuwong dé cdp dén cdac phép tinh: céng,
trit, nhan chia, luy thiea va khai can the hién qua viéc giai cac phwong
trinh, hé phuwong trinh va bat phuwong trinh.

4.1 Van deé tinh tong hiru han

: : W0 /log(x?+1)+3
Vidu 1: Ta muon tinh tong S = Z 2 Vlog( )
=1 2logx + 1

(Dé thi Thi giai toan trén MTCT nim 2013)

[swFr) (ogl) (=) 2 flog X (23 (H) 1 ) 3
@ 2@ g X ®» H 1 & 1 @ 100
123.9469195
g szg%xZ:;m).-
_[mb
1233.9463195

Vi du 2: Tinh tong

1 1 1 1
g = + + +oeet
1.23.4 2345 3.4.5.6 2011.2012.2013.2014

(Dé thi Thi giai toan trén MTCT nim 2011-THCS)
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o) () B 1 @ X DX EH 1 O X
H:20U0xXH3 0o0OAO00OAE

0.05555555551
1359502363

So sanh vo1 Maple S = = (0.05555555551
24471042552
BAI TAP
Bai 1. Cho tong
1 2 3 4 L in—1
Sn=1—2—2+3—2+4—2—5—2+ -+ (=1) 2—”

Tinh S4,S5,S6; S20; S25; S3o.

Bai 2. Tim phan nguyén cta tong so sau diy:

| 1492
\/13+—+\/23+—+ +1/753 + 0 DS: 19824

4.2 Vén dé giai phuong trinh

Ta xét truong hop thudong gip la phuong trinh can giai cé mot nghiém
duy nhat. Viéc ching minh sy duy nhét nghiém c6 thé str dung tinh
chit don diéu ctia ham sd hoiic v& dd thi ctiia ham sb.

Sau d6 ta dung chirc nang “*Shift Solve" dé do tim nghiém hoic sir
dung chirc nang 1ap bang dé tim nghiém nguyén.

Vi du 1: Pé thi PH Khéi B2011.

Giai phuong trinh:
3vV2+x—-6v2-x+4V4-x2=10-3x (1)
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Bai toan nay cd nhiéu cach gidi ma dap an la mot cach giai chuan dé
cham thi. Tuy nhién voi1 sy ho tro cua may tinh cam tay, ta c6 mot
cach giai khac nhu sau:

1 — i [3\/2+x—6\/2—x+3x—10] e

; 1 o
* ham s y = - [3V2+x-6v2—-x+3x—10] 1a ham so dong

bién, xac dinh trén doan [-2;2]

* ham s6 y = —v4 - x2 ¢6 d6 thi 1a nira duong tron dudi.

Do d6 ta dung phuong phap d6 thi (nhu hinh v§)
Nhin vao d6 thi, ta thay phuong trinh d3 cho ¢6 mét nghiém duy nhat
thudc khoang (0;2).

. 6
Ta thay x = = thoa man phuong trinh (1)

Vi:
6 6 18
31/2+——6y/20— =10~ —
31 5 5 5

Vay phuong trinh da cho c6 nghiém duy
nhat

=74
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Bing cach st dung may tinh cam tay CASIO 570VN Plus ta thuc
hién nhu sau:

CASIO 570VN Plus
3 [va) 2 X ® FHe6 @2 = [0

X ® H4 W4 = X [ W =) ¢
10 (=) 3 X

akhi chiing toi viét (=) tasehiéulabim CALC

Bam vao (Solve), sau d6 nhap x = 1 chd may tinh do

tim va cho dap s6 x = 1.2. Sau d6 bam vao ta nhan dugc
6

x=-.
5

Vi du 2: Pé thi PH Khéi B2010.
Giai phuong trinh:

V3x+1-vV6—x+3x*—14x-8=0

Str dung chirc nang lap bang cua may tinh.

-+ oog) (7]

x| [
o f(x)=V3x+1-v6-x+3x*>-14x-8 (=] 0 | -9.449
1| -19.236
- Start: (0] (Z) End: (6] (E) > 23354
Step: (1] (=) 3| -21.569
, 4 | -13.808

 Ta co két qua ghi vao bang nhu sau: 5 0

« Nhin vao bang ta thdy x = 5 la nghiém. 6 | 20.358

www.bitex.com.vn 98

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAl TOAN VOI MAY TINH CASIO FX-570VN PLUS

Téi day ta co hai cach dé tiép tuc giai bai toan.

Cach 1: Pap an. Phuong trinh c6 thé dugc viét:

3 1
[xX—G§) =2 +3x+1|=0

vV3x+1+4 v6—x+1

Phan nam trong moc vuong la duong nén phucmg trinh twong duong
vGi x = 5. Mudn lam cdch nay hoc sinh phai ndm viing ky nang gidi
phuwong trinh.

Cach 2: Dung phuong phap do thi.
Phuong trinh c6 thé duoc viét:

1 [ 14 8
= \/3x+1—\/6—x] =—x*+—x+=
3 373
Vé trai 1a biéu thirc ciia mot ham sé dong bién va vé phai 13 ham sb
bac hai. C4 hai déu dé vé& do thi véi su hd trg cia may tinh cam tay.

g (5] (3]
@18 3 B

g0 dau (=] 4 lan ta dugc cac so:

Wl oo

73

JC] - 51,.762 = _0-5, x"]ax — = 2.3,y|nax = ? == 8.]_

Wl

Duwa vao céc so licu ta vé dugc parabol dé dang.
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\ A A s A
Ham so dong bien

. 1
Nhap ham s6 v ti: f(x)zg[\/3x+1—\/6—x]
1

Start—§ (=)
End6 (5]

6+1/3
Step e 13003 2 0]
= o
ta dugc 3 diém dé cham vao truc toa do:
y1=-0.83,,=043,y3=1.5

Dura vao cic s6 lidu ta v& dugc hai d6 thi dé dang.
A

L B

e

-1/_{% r 3 4 \

Nhin vao db thi ta thy phuong trinh d cho c6 nghiém duy nhét.

Nhan xét:
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1. Hai bai thi trén (vi du 1 va vi du 2) néu giai bang phuong phép
dai s6 thuan tiy ta phai giai bang hai cdch khac nhau. Tuy
nhién véi sy hd tro cla may cam tay, ta chi str dung cung mot
phuong phéap dd thi.

2. Trong vi du 2, dé thuc hién nhu dap an, hoc sinh phai rén luyén
nhiéu vé cac phuong phap giai va phai suy nghi lau trong khi
lam bai. Céch con lai chi can ¢ théi quen st dung may tinh
trong vi¢c ve dd thi. “Tram hay khong b&rzg tay quen."

Bai tap twong tu: Giai phuong trinh:
~2x* 4312 + % =V3-4x
Hwéng din: Lap bang cho hai ham sé.
1. Nhap ham f(x) tir cic phim: —2x* +3x% + ‘;3 =)
2. Nhap ham g(x) tir cdc phim: V3 —4x (=]

= | 3
3. Nhap Start —g (=] End % (=) Step

B

X | =v3/2 0 V3/2
fix) | 3/2 3/8 3/2

gx)| 25 V3 |

Nhin vao db thi, ta thay phuong trinh:
3
-2x* +3x% + —= V3 -4x

c6 mot nghiém duy nhat.
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Bam may tinh tim nghiém

QDRAX®ME HBX @ FHEEE
= @ EE @ X ® [ A (SOLVE)

1
0@5

. 1
Vay phuong trinh da cho c6 mot nghiém duy nhat x = 5

4.3 Van dé giai bat phwong trinh

My tinh CASIO 570VN Plus cung cép chirc ning giai mot bat phuong
trinh bac 2 hodc bac 3. Céc vi du sau day cho thay véi cong cu moi

ndy viéc giai mot phuong trinh/bat phuong trinh da tré nén dé hon

rat nhiéu dé giam thiéu ap luc cong viée cho hoc sinh.
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Vi du 3: Dé thi PH Khéi D 2008.
- r 2 =" 3 + 2
Giai bat phuong trinh 10g% i >0 (1)
X

2
A e X —3x+2
Piéu kién: ——— >0« 0<x<1lvx>2.

Khi d@o
x> —3x+2 )
(1= ——<1<=x*—-4x+2<0

X
—=2-V2<x<2+V2
Két hop véi diéu ki€n, ta cd nghiém cua bat phuong trinh la:

2-V2<x<1v2<x<2+V2

Str dung chirc nang giai bat phwong trinh bac 3:

@A)

UEOEERE0 & =

(Nhéap 4 hé sb cua bat phuong trinh bac 3 va nhéan (=) ta
duoc nghiém cua bat phuong trinh).

Sir dung chirc ning giai bat phwong trinh bac 2:

@ 1 O B

DOEO @ B2 @3

(Nhap 3 hé s6 cua bat phuong trinh bac 2 va nhdn (=) ta
duoc nghiém cua bat phuong trinh).

Nhan xét: Theo [¢ trinh giai bai toan o trén, hoc sinh tap trung gidai
bat phwong trinh con viéc tinh toan trung gian may tinh cam tay sé
dam nhiém.

Vi du 4: Pé thi PH Khoi B 2008.
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= A Y x2+x
Giai bat phuong trinh logm(log6 )<0 (1)
' X+4

2
x g .. X°HX
Diéu kién: =1 2)

x+4

X2 +x x> —5x—24

(1) = > —————>0<=>-4<x<-3vx>8

x+4

Tét nhién nghiém nay thoa diéu kién (2).

Sir dung chirc niing giai bat phwong trinh béc 3:

@ A0
NEMEEER0OEEMA)
Ee@2EXEEE

(Nhap cac hé s6 cua bat phuong trinh bac 3 (ké ca hé s tao
thanh do cac phép tinh s6 hoc) vanhan (=] ta duoc nghiém
ctia bat phuong trinh).

Nhan xét: Viec sur dung tinh nang giai bat phuong trinh trén may
tinh twong dwong voi viéc lap bang néu gidi truc tiép. Viéc ldp bang
khéng phai hic nao ciing dé dang, con viéc sir dung may tinh la mét
théi quen ¢ thé luyén tdp dwoc trong qud trinh hoc va giai todn.

Vi du 4:
x—1
Giai bit phuong trinh  (v5+2)"™ > (V5-2)x+1 (1)
x—1
(1) = (V5+2)" " > (V5+2) x+1
x—1 x—1 xX+x-2
S x-12-— = x-1+— 2 0=
x+1 x+1 x+1
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Str dung chirc nang giai bat phuong trinh béc 3, ta cé dap s6 nhu sau:

—-2<x<-1vx>1

Bam may giai bat phwong trinh bac 3

oo @ (1) (2 (8]
0 32 53 @ B @@ EE=

Math

B<RLB, LR
SCRE-1, 14K

Vi du 5: Giai bat phuong trinh:

X% +9x—162
>9-x (1)
xX—2

Ta c6 nhan xét x =9 khong 1a nghiém. Do do:

> (x—9)2

9-x<0 9—x>0
(1)<=< x%2+9x-162 < hay { (x-9)(x+18)
4 x—-2

xX—2

Sir dung chirc niing giai bat phwong trinh béc 3, ta cé:

Math

HCHEES CLH
_18¢R42, 94X
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x>9
(I)ﬁ{—18§x<2Vx>9 = x>9
xX<9 x<?9
(I <<{ x+18 =< —x2+12x
—x+9<0 P |
x—2 x—2

Math

BCREBa L
D<K, 124K

Oz 2Va>12
Vay nghiém ctia bat phuong trinh da cho 1a

<9
(:){x e—— N < b

0 xc2VEaY

4.4 Luu nghiém va truy xuit nghiém

Viéc gidi mgt phuong trinh bac 2, bac 3 hodac mot hé phuong trinh
roi1 Iuu két qua vao 6 nhg, sau dé truy xuat két qua dé xur ly so licu 1a
mot trong cac tinh nang madi cia CASIO 570VN Plus .

Vi du 5: Phéng theo dé thi PH Khoi D 2011.?
Tim gia tri nho nhat va gia tri 16n nhat cua ham so

_ 2x2 +3x+4
y= x+1

2Chung t6i ¢6 mot diéu chinh nho bai toan dé thdy hét tinh ning méi hitu ich cia
méy tinh CASIO 570VN Plus
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trén doan [0;2]

w —2+4/6

'=0 2x° +4x—1=0 2

y —2x X — 226 |
x= > (loat)

Ta str dung mdy tinh dé tim hai diém cuec tri va luu diém cuec tri thude
doan [0;2] vao 6 nhd (&)

foog (5] (3]
2 343 @1 3 3 &Y EYETO) ©
CVE)

Saud6 trora (1] nhap ham s6 dé tinh cic gid tri y(0); y(2); y(A)

B2 W X @ H3 WX H4 @
X (#!

g o = 4
) 2 (=) 6
cac) [(rwd) (©) A) (=) -1+2v6

Vay gia tri nhé nhat va I6n nhat ctia ham s6 trén doan [0;2] 1an huot
la-1+2v6vaé6.

Nhan xét: May tinh thuc hién hai cong viéc: giai phuwong trinh bdc
hai va luu nghiém vo ti dwong vao 6 nhé [B) Sau do truy xuat (A) de
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tinh gia tri cua ham so va xuat dap so6 dudi dang so vo ti. Voi su tién
loi nay hoc sinh sé ghi duoc két qua vao bai lam.

Vi du 6: Dé thi PH Khéi D 2011.
Xac dinh m dé hé phuong trinh sau ¢ nghiém:

20— (y+2)x°+xy=m
x2+x—y= 1-2m

Bang phuong phap dit an sé phu u = x> - x ; v = 2x— y hé phuong

trinh tré thanh
{ uv=m { w+2m-NDu+m=0 (1)
—
u+v=1-2m v=1-2m—1u

Ta bam may tinh dé tim gid tri nho nhat cua u lam dicu kién.

Moo (B) (3]
1@1@0@1@@@

ta duoc Y-Value Minimum = 5

A e 1
Vay ta c6 dieu kién u > ~3

(1)<=>m—_u2+u 2)
C 2u+1 .
Hé c6 nghiém khi va chi khi (2) c6 nghiém thoa diéu kién u > — =
2
. —u-+u
Xét ham so f(u) =
fw) 2u+1
-1+V3
U=
/ — o = 2
fu)=0= -2u"-2u+l1=0 153 .
u= 5 (loat)

Str dung may tinh CASIO 570VN Plus nhu vi du trén (luu nghiém
vao 6 nhG va truy xuat dé tinh gia tri ciia ham so tai (A ) ta
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1 ] 208
——rtoon | a
4 2

tim gi4 tri 16n nhat ctia ham sé f(u) trén (vi

M1_12100 f(u) = —oc0) nén

2-V3

H¢ c6 nghiém khi va chi khi m <

Vi du 7: Cho ham sb y = x> — 4x? + 3x — 5. Tim khoang cach gitra
diém cuc dai va diém cuc ti€u cua ham so (dén 9 chir so thdp phdn).

e
oo (B B 3 &3 O 8 B 3 =

x1=4"'3‘/7 D (ST0) ©) () E]x2=4_3ﬁ
(e (STO) [+ (B)

oog (1]

3] = (@ H XM= 6
® = k) (STO) [yp (C)

CALC = (STO) (sin) (D)

w JeE0 @B @H Do EH e
D) &3 =

Math &

1(Prefns—ans ) +b
3. 261783534

4.5 B0 nhé Ans va PreAns

May tinh CASIO 570VN Plus dugc trang bi thém Bo nhd
(PreAns). Nho c6 bo nho va (PreAns) ma ta
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c6 thé thiét 1ap cac s6 hang cta diy s6 Fibonacci va nhiéu ing dung
khac.
Vi du 7: Pé thi PH Khéi D 2011.

Tinh tich phan I fi . 8
] 1C an [ = e 139, )
: 0 vV2x+1+2
Str dung phuong phap doi bién sb ¢ = v2x + 1 tich phan da cho tro
thanh:

3 10 23 .
1=f (2:2-4r+5——]dr=I——2:2+5r-101n|r+2|

1 I+2 3 1

nhap biéu thirc

%]EI@CDE]@IES

g B B g 0 & W [y (PreAns) (=)
a8 o

3

34 5
Vay I= —-10In~.
3 3

Vidu 8: Phéng theo dé thi PH Khéi B 2004. Xéc dinh m dé phuong
trinh sau c6 nghiém:

m[\/1+x2-—\/1-x2+2):4\/1-x4+\/1+x2—\/1—x2 (1)

Pitt=vV1+x2-V1-32=2vV1—-xt=2-¢.
Diéu kién: —v2 < t < V2. Nhan xét x = 0 khong 1a nghiém cua
phuong trinh (1) do do:

22+ t+4

= m=
[ +a
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; S22 t4a X
Xét ham so: f (1) = — lién tuc trén doan [—v/2; v/2].

o
(5] (&
ff=0=t*+4t+1=0 (1) =] (4] =] (A [=)
t==2+vV3 VvV t=-2-V3 [F) x;=-2+Vv2 [stF]
(loai) (STO) (A)
=) x2=-2-v2 (loai)

tiép theo

(1]

2 X X

4 &® X (2)

A = 9-4v3
) © W 2 = ]2
cac) (va) (2] (=] —1+3/2

S

f(=2+V3)=9-4V3; f(-v2)=-1-V2; f(vV2) = -1+ V2

Vay GTLN va GTNN cua ham s trén doan [ - v/2;v/2 | lan luot la
9-4v3va-1-v2.

Do do6 phuong trinh ¢6 nghiém khi va chi khi:

-1-vV2<m<9-4V3
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tiép theo trang30

Ta phan tich phan thyc va phan 4o (thuc chat 1a phan thira s6 caa m).

0978|497 (“trir 1000”
g (o ), | 975 | 027
1|21 | -503 3]-25]27

Vay: (1) < x*-21x-503 + m(=3x% +25x-27) =0
— (1-3m)x*+ (=21 +25m)x—503-27m =0
P6 1a meo vit thir nhat.
(C) va d cét nhau tai hai diém phan biét khi va chi khi:
(25m —21)*> —4(1 =3m)(-=503 —27m) > 0
Khoéng can khai trién va thu gon (vi qua phirc tap), chi cAm bam
MTCT ta biet tam thirc (VT) c6 hai nghi€ém m; = 0.3570319602 , m, =
22.82569229. lan luot luu vao (A) va (B).

Ta s& chuyén (A] va sang so vO ti.

Meo vit thir hai

6978 2453

@@W @W

2
o a 2 ,
Tabiet| A'= - (xl - JCg] do do:

Fo0x0e e OE@EEEE
11434768
3489 /11434768 3489 + /11434768

Yayiim = 301 112 301

Vay (C) va d cat nhau tai hai diém phan biét khi va chi khi:

3489 —-1/11434768 3489+ 111434768
m < v om>
301 301
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HUON

RAI TOA
B~ | W™

O
O

A
i~

mmf

@)
4

0

5.1 Tinh dién tich tam giac

Cho tam gidc ABC v6i cac canh BC=a; CA=b; ¢ = AB. Dé lim
dién tich tam gidc ta st dung cong thirc Hé-rong:

= \/p(p-ap-bip-o

Ta khai trién thanh:
el 1 /( T o 2 LR T v s T Y
J:Z\/La+0+cua+0—cna—0+ c)(—a+b+c)

Vidu 1: DH A,A1 nam 2013

Cho hinh tir dién SABC trong dé ABC la tam giac vudng tai A,
g6¢c ABC =30°. SBC la tam gidc déu canh a nam trong mit phang
vudng goc v6i mit phing (ABC). Tinh khoang cach tir C dén mat
phing (SAB).

=g - A 3 3 4 e A 1
Tl gia thiét ta suy ra duong cao SH = a—- cua tam giac déu SBC la

dudng cao cua tir dién.

BVesne Napo.Si
Tacd diC, (SAB)) = —2BC _ 2ABC
SAB SsaB

Céc canh cua tam gidc SAB nhu sau:
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V3 e / , [BC)?
SB=a; AB:QT;SA:\/SHZ+HA5:\/SHA+t7J =a

1 . 3 3
fif;faura-—azd(l+1+\/_)(l+l\/§ (11+\/_)
( \@) Vas ,
% | =L l—il = a
\ 1 2/ 16

Tat nhién ta ¢d thé thue hién phép tinh dé dang. O day ching toi dé
nghi s dung MTCT dé thuc hanh va tim dién tich trong cac truong
hop phire tap hon.

(1) ] (] [ va) 3] » (=] (2] (swrF] [rel
0 = E e E @ @ Ry
D O0HFwwRE®HE Q@ &9 6@
O D BHODEEGE®E 2 6

f— r=1 —— —— ! —1 p— p— — gp— — \/E
O @ o WwWerasdod & -
1aa\/§a\/§
55 gt 39
Vay: d(C,(SAB) =222 2 _ 3V
‘/ﬁ”z 13
16
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Vi du 2: Bai HKG - PH Khdi A.Al 2014.

ws 1 1 3

VOl Vsapp = 7. Vsapcp = 74

va Sspp =

2 (V5 V5 V5 V5
17 5 3 5 3 5 3 5 3
— | | — #2% = || —+ V2= || — =2+ — | [ —— D=
4\](2 \f 2)(2 f 2)(2 f 2)( 2 \f 2)
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§+\/§+% f) (STO) [©) (A)

2
di chuyén con tro 1€n dé diéu chinh, khong nhap lai biéu thuc.
3 3
£+\/§—: [eD (STO) (B)
Z Z
v5 3
- - V24 5 (suFT] [Red (STO) [hypl (C)
—v'5 3
—p T YR ke (STO) [sin] (D)
=1 (mm) Al T—Y M e R m f=3
L = B\ Ve @B WY =) E
— o 3Vsagp 2a
Ttr d6 ta tinh duoc d(A,(SBD)) = = =

O day ta luu ¥ rang ¢6 nhiéu phuong phap nao dé tinh khoang cach
tir diém dén mat phéng. Theo cach lam trén, hoc sinh khéng can ha
doan vudng géc dén mit phang. Bu lai viée tim dién tich tam gidc
mot cach thu cong la khéng don gian. May thay, méy tinh cAm tay
da 1am cong viéc khong dé dang nay.

5.2 Viéc giai toan hinh hoc khong gian

Viéce xuat hién may tinh CASIO 570VN Plus ¢6 kha ning tinh todn
voi do chinh xdc cao va dé s dung véi véi hoce sinh chic chin sé
thay déi cach giang day ciia gido vién va cach hoc tip cua hoc sinh
theo hudng: hoc sinh tap trung cho bai toan cua minh con may tinh
sé€ dam nhiém viéc tinh toan trung gian. Qua dé thi hoc sinh giai toan

www.bitex.com.vn 116

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAl TOAN VOI MAY TINH CASIO FX-570VN PLUS

trén may tinh cAm tay va dé thi tuyén sinh dai hoc trong cac nim qua
ta da thay xuat hién xu thé nay.

Vi du 1: (Dé thi HS gidi todn trén mdy tinh cam tay ndm 2013-B6
Gido dyc vé Pao tao)®. Cho hinh lang tru ABC A’B'C’ biét do dai
canh bén la 2a, day ABC la tam giac vuong tai A, AB = a, AC =
av/3, hinh chiéu vuéng géc ciia A’ trén mat phing (ABC) 1a trung

diém cua canh BC.
1 1A 11 A i Al me it oo, o
1. J.l[l[l UIL MlUl U[lUp A.DuL b LHICO ¢
A L e e s Tt Re e AT sh e
- 111111 EU\.- EIU(I.- 11¢h1 UUUIIE I.IICI.II5 0 B Yo Ly
Cho biet o = /5cm. hiv tinh ooc oifra hai dirono théano noi trén
VvV acm, Aaay tinn goc glifa aal ditong tnang not ren
lam trom toi do, phait.
(1AL
AR AR

1. Taco nhz’_in xXet Vagcorg =2V a4 apc

V.-'l.f

A
R T §

AB.AC.A'D (véi D 1a trun

w|.—~
I\JIP—‘

T
i R

Vay Varagc =

w|.—n
[\DI'—*

Suy ra: Va pocop = a
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|
|

f

L
!

A4 AL

-

| 4 (;|
I I

2. Tacd cos(AA',BC) =

A Al
PV T

Ly
tx
£y

—_— — —_—

AA'.BC = AD.BC = AD.BC.cos(AD, BC) = AD.BC.cos60°.

A LEF ¢ BF Vi g A LT

Vay cos(AA',BC) = = =

Nhén xét: Trong qua trinh giai bai toan, ngudi hoc chi can dwua ra cée
phép tinh, cudi cing nhép cac so lidu vao may va nhan phim [=] dé
ghi két qua, nhiéu lan thyc hién tinh toan nhu vay cho dén khi hoan

. . 1 >
chinh bai toan. Vi du, khi cos(AA’, BC) = T ta bam may nhu sau:
stFT)  MODE] (3] (Deg)
o

o p— m {ﬂﬂﬂ"1\ 1 ‘E A r;‘ r_‘ Oy f
prikl) LUy (LUs )1 1= 4 |=—) 0999

Vay goc gitra AA" va BC 1a 75°31'.
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Chuing t6i mudn gidi thidu mot bai toan hinh hoc khong gian vi khéi
lugng tinh toan d6 s nhung mdy tinh dam nhan gan hét nhimg tinh
todn phirc tap nay.

Vi du 2: Cho hinh tir dién SABC ¢é ddy ABC la tam gidc déu
canh 3a, mit phing (SBC) vudng goc véi ddy va cac gbe SAB =
SAC = 45°. Tinh thé tich khéi t&r dién SABC va khoang céch tir
trung diém I ciia BC dén mit phang (SAB).

SAB vd SAC bang
nhaunén SB = SC. Tam glac SBC
cdn tai S nén trung tuyen SI con

Hai tam gidc

la uuuug cao, vay s I S SR 5 L P

(SBC) L (ABC) ta suy ra SI J_
) (ABC).
3av3

~

PBatSI=h. Taco Al = nén

1
SA= —v4h2+27a

u

Trong tam gidc SAC ta cd: SC? = SA® + AC?> —2SA.AC.cos45° =
63 3av8h? + 544>

4 2
7

Ngoai ra SC2 = h? + —. So sanh ta c6 phuong trinh theo bién h:

27 , 3av8h®+54a? s 27 5 3av6
=& = 5 = h"=—a" <— h=
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Bim phim:*

Bam phim:

EOEEAeEEEEA®EE

l 15 & =B 8] =] va) jany) (=] ]

Thé tich cta khéi tir dién SABC la:

45 13;1_19“2‘/_ Sa\/_ 27a3y/2

3 3 4 4 16

“ DEBA®XEMBEGA® \

ENENSBIE=I0E

3Vsani

SAB
1 _27a°V2
T N

Taco: d(I,(SAB) =

\/_372
8

! L 45
SgAR——ASABsm4J :—v. —a2+27a2 3a. =

4¢hi cdn nim virng thir nguyén va a 1a don vi, ta nhip cc con sb, két qua A tinh
theo a.
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DEHCWRADNERA®HEAEH®

XEXEE eoEE &

Tt d6 ta tinh dugc khoang céch tir 1 dén mat phing (SAB) la:

8la’v2 8 _3ay2
32 2702 4

Bam phim:

d(l,(SAB)) =

 DXDDEIEED® |
M=) (Al 71 (gl =]

l = e WU =) &)= J

Nhir cac ban thay, nguoi giai bai toan chi ban hanh cong thirc (ma

khong tinh todn gi cd), may tinh s€ dam nhan viéc thyce hién cic phép

tinh to don gian dén phtc tap.

5.3 CAc cong thirc tinh thé tich tir dién

A -~ - 1 y r r ) r
Khéng ké cong thirc V = —.Bh ta con ¢é cac cong thire sau:
3

Cong thirc 1:

1
Varcp = E.AB.CD.d(_AB_. CD).sin(AB,CD) ‘

Chirng minh cong thire: V& hinh binh hanh ABCE. Ta cé:
1
Vagcp = Vacpe = g-Scnﬁ-d(A, (CDEY) =
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L epcEsinen,cBy.da DB

6

1

E .CD.AB.sin(CD, AB).d(A,(CDE))

1

= ~.AB. CD.sin(AB,CD).d(AB,CD) (DPCM)

B
C

Cdng thirc nay thuong dung dé tinh kho ang cach giita hai dudng théng
chéo nhau

air ~rhitng havy ha dnan v e 1 At n -:".:inn- 15 vife
5\.}\.’ Ullull& uu.)( lll:l LIl \"uUll& 5 WML 116 lll.\.l)lv Pllull& lbw V&‘;r'\—'
ma khéng phai lic nao ciing thuc hién dé dang.)

« Khuyét diem 1a viéc tinh sin(AB, CD) doi héi phai kién tri st
dung tich vé huéng. Goi H Ia hinh chiéu vudéng géc ctia A trén
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(BCD).

AB.CD HB.CD
AB.CD AB.CD

Ta ¢é: cos(AB,CD) =

HB ;
cos(AB,CD) = ——.cos(HB,CD)

AD

Ap dung: B Gido duc va Pao tao 12/3/2014
Cho khéi hdp xién ABCD.AB'C'D' ¢6 céc kich thuée sau:

BD=a, AA'=b, d(AA,BD)=d, (AA,BD)=a
Thiét 1ap cong thire tinh thé tich khéi hop theo a, b, d, a va ap dung
tinh thé tich néi1 trén khi:
a=5b=6,d=4,a=50"

don vi dai do bang cm.
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GIAI
Thé tich khéi hop bang 6 1an thé tich t dién A’ ABD. Do do:
Vinh = AA . BD.sin(AA", BD).d(AA', BD) = abdsina

Vi1 kich thude da cho, ta ¢co:
Vin =5 x6 x4 xsin(b0) = 91.92533317cm?

AN RA N e

1
V:1—2—\/A+B+C—D

s A= ad?at(ab+ a2+ a* + as — a® — a?)
1 ety ot 7 3 4 b 1 5}

* B=asaz(aj +as5+a; +a:z—a; —az)

» f‘:n2n2(n2_l_n2_l_n2_l_n2_n2_n2\

a? + a?a?a? + a?a?a? + atata?
4 sl ] ] 1 %] L9 &4 2 L0

Bai tip ap dung: Cho mét tir dién ABC D c6 cac kich thude (don vi
chiéu dai 1a cm) nhu sau:
AB=Al=AD=8 BC=9 GCOH=10 BD=11I

www.bitex.com.vn 124

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAl TOAN VOI MAY TINH CASIO FX-570VN PLUS

GIAI
Cich 1: Chi dp dung khi ba canh di qua mét dinh bing nhau.

Do AB = AC = AD nén chan duong cao AH cua tir dién la tdm dudng
tron ngoai tiép tam giac BCD.

Vay AH = V AB? - R v6i R 1a ban kinh dudng tron ngoai tiép tam
giac BCD.

Dung cong thirc Hé-rong

Dién tich tam gidc BCD:
O @eomeEEODEOOD

e B or-—wn B o B cnwens T s B o BN aupe T snpes T v |

lEeH W= wwwpl

OEOOEOMDMO]
OEEOOERDODNRE 4242640687

1 rs ] B

SHIFT]  [RCL (STO) ) (A)

ﬂ

Ban kinh R
{ 0 ¥ OO0 XXOO®B®E 6 &

5.833630945 (STO) (B)

Chiéu cao AH

=] (6] (&3 (=] B 3= £ (el (STO)

(@)
Thé tich tir dién ABCD 1a:

(3] (A(c)19.84313483cm’
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Cach 2: Sw dung cong thirc Hé-rong (ap dung trong moi truong
hop.

cong thirc Hé-rong

62.10%(=6% —10% + 9% + 112 + 6% + 6%) (STO) (A)

6°.9(—6% — 9% + 10% + 11 + 62 + 6°)(STO) (B)
A2 1127 2 112 . 1?2 . n? A A2 n2N Oy S
b . L1 (—0"— 11"+ 11U+ +D +07J(DI1U) (L)

R,

6.6.9)% + (6.6.10)% + (6.6.11)* + (9.10.11)*(STO) (D)

15f
Jo»(val B[+ B[+ €= OE=)

=
i
=
o

r
9

5.4 Ban kinh ciia mit cau ngoai tiép tir dién

Cho moét hinh tir dién véi kich thude nhu trén, nghia 1a ¢6 cac cap
canh do1 a1,as5 ; az, a5 ; as, aa.
1

T'\n g

(‘:
o
oo
=
u
=%
!
T
[$IE

= i S T o | - = P e s
p 5 VL] L£5 26!',6 T U344 ). INILL UU Ld CO LU 5
m ban kinh mit ciu ngoai tlcp o dién:

1
R= ﬁ\/ﬁ(,’?—alaﬁ)(ﬁ?_ azag)(p — asaa) l

LS J

Bai tip ap dung cong thire: Cho mdthinh tirdién ABCD c6 cac kich
thudc nhusau: AB=6,CD=10;AC=7,BD=11:AD=8,BC=9.
Pon vi chiéu dai do bing cm.
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1. Tinh thé tich cua khéi t dién ABCD.
2. Tinh bén kinh cta mat ciu ngoai tiép tir dien.

3. Tinh dién tich tam giac BC D tur d6 tinh goc tao boi hai duong
thiang AB va CD.

4. Tinh khoang cach gitra hai duong thang chéo nhau AB va CD.
GIAI
1. bat:
A=6%10°(—6*—10°+7° +8° +9° +11%)
(6] (x3 (X (1) (0] 3 (A=) (6] 3 (=) (1] (0] (=3 (#) (7] [T
) (8] (27 4] (8] 7] (] U] 1] 2?7 L] (STO) (A)
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B=7211%(-7> =112 +6% +82 + 92+ 10?)
@AEIX G M@ A E @ = 0] 0] = = (6]«
(#] (8] (23 (#] (2] (23 () (1] (0] (23 (O] (STO) (B)
C=8°9°=8" =0 +6°+ 7 + 10~ +11")

DX OO E =0 R 6
H @B O 0] H GO 0] STOo) (©)

D =(6.7.9)% + (6.8.11)% + (7.8.10)* + (9.10.11)"
(d(e] X (@) X) (2] O] (=3 (F (D (e] X] (8] X] (0] (0] O] (=7
HUOEXEXMM0O0]EH AR XG][0]) X
L D] x¥ (STO) (B)

Lovw o 1] —m—mo—o—
Khi do: Vapcp = 5 VA+B +C - D =54.120172353343¢m”

2. Ban kinh mat cau ngoai tiép t dién cho bdi cong thirc:

1

ATT
oV

R=

Vplp—aias)(p—axas)(p— azas) =

1
V

N

trong d6 S la dién tich cia mét tam gidec ma cd céc canh la trich
clia cac cap canh doéi di¢n.

O day 1a tam giac c¢6 cac canh: 60,72,77
Ta tinh:

90 + 72 + 77 (STO) (A)
90 + 72 — 77 (STO) (B)
90 —72+77 [SHIFT] (STO) (©)
—90 + 72+ 77 (STO) ([sin) (D)

Dién tich tam giac néu trén cho bai cong thirc Hé-rong:
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1
g — _‘/ ARC.D—203866641cm?2

P P R e POLVEY ST PRV SV LW i 5 WH S oS

II].IE]@. \a) BECO E

Viy ban kinh clia mit ciu ngoai khoi tiép tr dién ABCD 1a:

A

K=—=06.27820882cm
6V

3. Dign tich tam giac BCD cho bai cong thirc:

1
Spep = 1\/[9+10+11)(9+10_11)(9_10+11][_9+10+11] =

= 42.4240687cm?
Suy ra chiu cao cia tir dién ké tir A 1a AII = 3.826874087cm

Ta co:
AB.CD HB.CD
cos(AB,CD) = =
AB.CD AB.CD
ITD ' Tlernaol ITED 77T ITE ol RIT T
1. Ui/ CO8 i1D, UL/ i1 DCO8\Di1, UL/
AB.CD AB
AB? - AH?cosa
AB
oo A + — 1AN% 12 1 A Y1 s — ﬁnhlv trnnc hinh A
Ll.U]J.E LIAF L — LUy \PT !J Yurl — 4rv .07 Q111U |.J.Ul.].5 1501000 ¥
Taco

B =V AB? - AH? = 4621150801

HC =V AC? - AH? =5.86131808

BC?+ BH?- HC?
cosf = =0.8174971865
2.BC.BH

— §=35°9/53.89'
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BC*+CD*-BD?* 1 o
COS8Yy = =—=7=iU ol

2.BC.CD 3
Viy cosa = 0.2704953926 = a = 74°18'22.51".

! f

AT 1
405.01

4. Khoang céch giita hai dudng thing chéo nhau AB va CD cho
bo1 cong thuc:

6V
d(AB,CD) = S ___ = 5.621582702cm

AT LI AT 3
AD L2 81 AD, L)

5.5 Cac bai toan vé duong thing va duong tron

Bai todn vé Phurong phép toa d6 trong mat phang, gan day la mot bai
toan kho trong bai tht dai hoe, Tur do nay sinh ra van dé 1a can phai
rén luyén cho hoc sinh 1op 10 va 12 k§ ning lam bai. Nigoai kién thire
toan hoc cdc em phai biét sir dung méy tinh thanh thao méi hy vong
gial hoan chinh bai toan nay.

i

Vidul. A2013 Trong mit phang Oxy cho hinh chit nhat ABCD
Iﬂl'él‘f Af__A-00 T r"\\r- r1'1pnenn- +h%nn A2+ 1Ly E—n0n AT 1A r'*"'ié-m
L R e A Y U}, L.r Lll \J LILAILFLL Lilciiy . A ] J( T ¥ U’ i¥E BCL LRIVRRD
d6i xtmg cia B qua C, N(5;—4) 1a hinh chiéu vudéng goc cia B

én M D. Tim toa d6 cua hai dinh B, C.

Pinh hwéng cho hoe sinh:

1. Biém C nam trén dudng thing d, do d6 chi can tim thém mot
duong chira diém nay. B9 1a duong tron ngoai tiép hinh chir
nhit. Puong tron nay xac dinh dugce vi di qua A, N va C.

2. Piém B 13 giao diém cua hai duong tron: D6 1a duong tron
ngoai tiép hinh chir nhat va duong tron tam C ban kinh CN.

Sau khi dinh hudng xong, van d€ con lai 1a ciia may tinh cam tay.
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GIAI

D | /

.

M

1. C(c;—2c¢ —5) suy ra tdm cua hinh chit nhit ABCD la:
[0—4 —26+3]
I .

9 Ll

L8

Phuong trinh dirdng tron ngoai tiép hinh chir nhit ABCD la:

0—4)2 ( —2(:+3]2 (c+4]2 (2c+13)2
x———| +|y- =l——1 F
2 2 2 2

Duong tron nay di qua N nén ta co:

( c—4)2 ( —2c+3]2 (c+4]2 (2c+13)2
5———| +|4+ = [e——| o
2 2 2 2
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Pay la phuong trinh bac nhat, bAm [CALC) [sHFT] [CALC) (SOLVE)
ta tim duoc c.

ds=EEB8K=4 ® 20 0]
@ A4 FH B D2 XIFH 3 @ 2
& 0] 3 [ (g

OB X B4 ® 2 & O] ¥
] [ B2 #H 13 ® 2 ®

(] [cac) [wA) [CAC) (SOLVE) 0 (=) c=1
Wiy MW KPR Y B2 E. AR —J L ’

Vay c=1dodé C(1;-7).
2. Phuong trinh duwong tron ngoai tiép hinh chir nhat 1a:

x2+y2+3x—y—60:0

Phuong trinh dwong tron tam € ban kinh CN la:

X+ yP+3x—y-60 =0
x—3y— I =0
60=0

1 19(Q1|I17\_1I_

TY TOWyTaij— ¥
Ta biét phu(mg trinh nay ¢6 hai nghiém vai mot nghiém da biét
]d ylf\lll -
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O3B " 0 @ @ XX
3 A3 #BH 17 0 EE®E o
X 4 [cAaLC) [swrFT) [CALC) (SOLVE) nhdp
4

E -7

)

=
Il

Vay yg = —7. Tom lai B(—4;-7)

-

Nhin xét: Tuy la mot bai toan kho cua ky thi, nhung toan b¢ 1o giai,
chii yéu la thuc hién trén mady tinh.

5.6 Cac bai thi HSG may tinh cAm tay

3 Cho ham “ﬁ Y= V3A¥24+2x+2-3v+5In(x+2). Tinh _ﬁ_n diine
N =

(chinh xdc t6i hai s6 lé sau ddu phdy) toa d6 cua ba diém cuc
tr1 va dign tich tam giac ¢6 cdc dinh 1a ba diém cyc tri noi trén.

GIALI:
6x+2 5
=)= -3+ —

‘ 2V3x2 +2x+2 X+2
D¢ bai cho biet ham s6 nay ¢ ba diém cuc tri. Vay phuong trinh
y' = 0 ¢6 ba nghiém. Ta tim ba nghiém nay nhu sau:

=0

uf

. Nhap phuo‘ng trmh (nam trong d dc’mg m("r ngoﬁc don) lén

+« Ding lénh  (SHIFT (SOLVE) dé tim nghiém thir nhat 13

~0.33 kcg (STO) (A)

« Bam (&) dé lam hién ra biéu thirc, ra 1énh (X] (=]
,ralénh [SHF) [CALC] (SOLVE), chip nhan [A] va chap nhén
bang cach nhan hai 1an ddu (=) ta sé duogc nghiém thi
hai 1a —0.62 (STO) (B)
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Bim (@@ dé lam hién ra biéu thuc, ra lénh  [=) [X]
H® 0 A XE @ BJ,ralnh
(SOLVE), chap nhan [ , chdp nhdn () va chap nhin
ta s& duge nghiém thir ba 14 1.62 (STO) (C)

Dung lénh dé tinh céc gia tri cuc tri [an luot luu vao [D)
. B, [E.

Vay toa do ba diém cuc tr1 cua ham so 1a

A(—0.33;4.85) , B(—0.2;4.85) ,C(1.62;5.19)

Dién tich tam gidc tao thanh la:

1 _
}(_XB —XA) (Vo —VA) — (Xg—Xa) (VB —va)|

¥ Fa WL S v izt

g =

SA=2,SB=v2,SC=V3;AB=BC=CA=1

Tinh thé tich t& dién.
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1
V=—vVvA+B+C-D
12

£)

c A=a@dalas+a;+ai+ai—ac—a

. B:a%ag(a%+a§+aﬁ+a§—a§—aé)

N Ly 2 2 2 22 3

* C=aza;la; +a;+az +ag— a5 —ay)
s D=2 1 222232 + 2232 42 1 42 42 42
= bl e L O DS e e s

(2] [sF) [Rel (STO) () (A)
I.—1 [n] lcuerl [l (€T .. (R}
my (2 HFT BCY WSV o) o)
a) (8] [swF] Red (STO) [y (O)
0] [ R (STO) (sin) (D)

(1] [wF [Rel) (STO) (E)
() [wF Reg (STO) (F)
chil v nhap dung thir ty cac cap canh do1 dién nhau
‘ a) s as Aaq as ag
‘ A B B O EB| B
1526 34 124 235 456 613
www.bitex.com.vn 135

https://tailieusieucap.com/




TAI LI EUSI EUCAP. CQOV

GIAl TOAN VOI MAY TINH CASIO FX-570VN PLUS

tinh cac oia tri
e |

A’E2(B2 +C2 +D? + F2— A% —F%) (STO) (X)
B2F2(A%2+C%2+D? +F2-B%-F?) (STO) (Y)
C’D?(A% +B? + E? + F> - C? -D?) (STO) (M)
(ABD)? + (BCE)? + (DEF)? + (FAC)? (=] [ang]

1 5
V= E\/X+Y+M—Ans = % = 0.183389981

@ Cho tir dién SABC trong do:
SA=2,8B=v2,5C=+3;AB=BC=CA=1
Tinh bén kinh mit cdu ngoai tiép tu dién.

Ban kinh cua mat cau ngoai ti€p tu dién cho bdi cong thuc:

R
l R= ﬁ\/ﬁ(f)_alﬁ%)(ﬁ'_ aragp) (p — azay) J

1
1

vOl P= E (a) as + ayag + a,;;a.4).
Ap dung vao bai toan ta co:

* p=2.573132185

]
w2

o

v

« /P(p—aia5)(p— az2as)(p— Gzas) =

=

ol
S}

oy =
[r—
SiIE

1
Vay R= G—V\/P[P—al as)(p— axag)(p — azay) =
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v115

10
Lam tron vd1 4 s6 1€ thap phan, tacd: R =1.0724

T RO Ty

k=

Bai tap twong ty. Cho tir dién SABC vai kich thude nhu sau:
SA=6,58=7,5C=8; BC=10AC=11;AB=9

Hay tinh thé tich ti dién va ban kinh mit cau ndi tiép hinh chép.
DS: V =54.120172353343 ; Sy = 114.6320706552

: 3V
Luuy: r=—=1.416362072
Dtp
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PHU LUC
Viéc st dung may tinh CASIO tir phia hoc sinh

Quyén sich di duogc viét xong va chuan bi dua vio st dung cho cic
16p boi duc”mg giéo vién, nhat 1a gido vién ¢ cac tinh dong bang séng
Ctu long von rit thiéu nhidu tai liéu hoc tap Ngay vao thoi diém

.
‘.flét vono auven sach nav. Phone dau tir oido due (RITEX) cho bhiét
g quycn sach nay, Fhon o dgu g1a0 duc (bl A ) cho biet

trén mang, hoc sinh ¢6 rat nhi¢u sang kién trong viée sir dung MTCT

by

nhd thay xem va danh gid viée st dung MTCT hiéu qua tir cdc sang
kién dé.

Hey
=
"3
Jr—
-
c"h
SD‘
j=
“3'
f:
fr—
wp]
3
(7
£
L
E
£
as

4 " |

e
ik
e
:'2;.
)
Lo
=
=1
>
=
i
D
L]
oo B
i)
=
ac
=
fD»
=
2
=)
L)
)
=
)
L]
LA
=
T
3
=
e 2
—
S
>
(=]
=,
s
=
2
j‘
=
>

ban Tran N gc_)c Anh Phucmg.
http://kinhnghiemhoctap.blogspot.com/p/nang-cao.html

va theo yéu cu cua ban 4y, t6i s& viét vao phin phu luc nay la
“tham khao Tran Ngoc Anh Phuong - kinhnghiemhoctap.blogspot.
com”

Trong bai phu luc nay, phan trong dong khung la cua ban Tran Ngoc
Anh Phuong, tat nhién (01 ¢ vai sura chira nho.
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Sang kién 1: CACH NHAN, CHIA DA THUC CHi BANG MAY TiNH

Vidut: (x+1)(x+2)+Bx*+x+6)(x+7), ban gidi ra két
qua la:

3x3 +23x% +16x+ 44

Bay gid tdi (Tran Ngoc Anh Phuong) sé gidi bai nay chi bang
cach bam may tinh do t&i nghi ra!

Ban bam:

1000 =] AR [ 0] A ks () (2] O] ()

LT (3] [Ans] (23 (] [ans] (4] 6] O] (] [Ans] (4] (7] D] (=]
May hlen 3023016044, ban tach ching thanh tu’ng cum ba

A <X 2NN 016 044 fodete TA o adal e ks o FE
cnyu so 5,U2,3,010,044 klllIU id T tacn oen l.JIIClI aans ngnej,

va dé chinh la cdc hé s8 cin tim 3,23.16,44. Ta viét

3x°5 +23x° +16x + 44

Thé la xong! The lai bang cach bAm qua trai, bAm thém

(=] LA (3] (Ang] (%) (] (2] (3] [ans] (2] (] (1] [6] [ans] [+]
[_][_][—lr—l TT'IFIV ]')Flﬂ I'!F'IT'IO’ ﬂ nhr-n flT"II'I mIn]'\ (:*IIT"ID'

J i FF --° it Sefif «171%9% 13%§%1%1%1f% +%9%81%

Xin gidi thich mét chut vé quy trinh bam phim: ban bam
1000 [=] cho moi bai toan,khi nhap phép tinh thay x bang

V& sang kién nay toi giai thich (khéng phai chimg minh) nhu sau:

Gia str ta c6 cac phép todn (cdng, trir va nhan) cac da thirc v6i hé sd
nguyén co bac khong qua 3 dé ra mot da thire béac 3. Khi do két qua
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cua phép toan co6 dang:
flx)=ax®+bx*+cx+d

Tacod: F(1000)=10%a+10°p+10%c+d
Thuc hién trén MTCT nhu trén, ta co:

3023016044 =10 x3+10°x23+10° x 16 + 14

Trong vi du trén, quan sat thay cac hé s6 déu duong, tac gia dong
nhiat a = 3,b = 23,¢ = 16,d = 14. Tuy nhién - nhu s€ thay ¢ dudi -
vén d& khong phai lfic nao ciing don gian nhu vay.

Uu diém cta cach lam thi d thay r6. Vé khuyét diém:

1. Chi ap dung duoc khi trong két qua a, b, ¢, d la cac s6 co tdi
da 3 chir s0 va ludn luon phai thir lai vi két qua ban dau khong
luon luon dung.

2. Khi thir lai thay sai (thong thuwong 14 khi thiy £(1000) chuu

WA rc g chTr cA M1 15 e -l dh, 5 fa

IIhUI15 L7 Ll od Cril 5O qua lUll LlUllE NIl &F&ML’ &E (283 L«Ll-(_r SG J'LIILU
hon nhiéw), tic gia dua ra cach khic phuc bang cach trir s6 ¢
3 chir s6 d6 cho 1000, sau do cong 1 vao s6 cia bo ba ding
true. Tat nhién trude khi két xuat ra két qua, van phai thir lai.

Vidy 2: (5x—3)(x*+6x—7)+10x—-21
Thye hién nhu trén, may hién 5026957000, ban van tach
nhu trén 5,026,957,000.

Tt phai sang, nhém 000, khéng cé van dé gi, 13y hé s6 1a o.

1, :’;n n:‘m}: nl'a;?\i ngn fl\:?an hdnf (2‘ _hém QR7 ta hié‘?n ]::3 _43 (\'f"!
957-1000= 43) chit khong phal 957! i sao u? Pon gian 1a
vi 957 1a 58 qua l6n khong thé 1a hé s6 cta phép nhan nay

dugc va ta phai 13y nhém sé dé trir di 1000.
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rrrrr

Dau hiéu c¢in chil y tiép tneo ia nhdm 026, nhdém nay ding sau no
la nhém 957 (nhom cé hé so am), vy ta 14y 26+1=27, hiéu don
gian dang sau nhom cé hé s6 am thi phai nhé 1.

Vay két qua 1a: 5x° +27x% — 43x

Tom lai, voi qui mo cua mot bai thi dai hoc mon toan, cac s6 trong
cac phép toan da thic trén khong c6 4 chir s6. Do d6 phuong phap
ctiia HS Tran Ngoc Anh PhU’(mg to ra kha hiru ich cho cic ban dong
hoc Va cho cac hoc sinh the he sau.

Dé két thiic phan nay va dé thiy rd vu diém cua phuong phap ma ban
Phuong goi 1a “Phuong phap  [CALE) 10007, cac ban xem bai toan sau:

1. Khai trién thanh da thirc bac 3:

Diyvi=(10x L1817
L vy VLA T LU L

1000 (=] (B EFH OIEIDG] DO E] (A
(FH @0 F[AGA]) 5] @ (23 (F) (3] (4] &d (F O]
(1) (3] [ (1] (2] [ans) () (1) (1] O (=] 180165619201431
Sau khi thit xong, ta co:

P(x) =(19x+18)(17x +16) + (15x% + 14x + 13)(12x + 11) =

= 180x% + 56x% +920x +431

2. Khai trién thanh da thirc béc 3:

- A -

e S R P 2 = s S oA
Plx)=(19x+18){(17x+16) — (15x~ + 14x+13)(12x + 11)

1000 (2) ([AOJE]EdEFH M EID]) O] E] (e
[ 60 =IO E Ay (o 3B 0 (@8] @y (3 0]
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(1] (3] [ [1] [2] [ang] (] (1] (1] D] [=] —180100916991855

Ta xét s6: 180/009|699|855

180 | 009 | 699 | 855
180 | 009 | 700 |-145

10Mn At el M 1 A5
10U (VR RY -Juuy = Lk

—180 | —10 | +300 | +145 (ddi dau)

Cach thure thue hién la “thir Ihcfy sai, trir 1000, cong 1 vao bén
trai. "’

Cudi cling, sau khi thir thdy ding, ta viét
P(x)=(19x+18)(17x+16) — (15x% + 14x + 13)(12x+11) =

= —-180x> — 10x% +300x + 145

Ll [ o [ :]"_@ .l_]___i__ Tty veos Fopk s chia Ao alootys A i

11101 g I Uﬂg uac Ly It Pl EP L 11 d d Iu I gUUI Ld
i A

thufing dung cach chia duge hoc nam ]d Néu phép

chia 13 chia hét ta cé thé ding phuong phap chia bfmg SO
d8 Horner. Nhung véi phuong phap nay (Lap so d6 Horner

trén MTCT) ta khéng can ding dén so d6 Horner nita. Néu
ban hiéu ....:" 11 nl'mn F]:\ fl\n’r'- n'sh 1—]11 r-l-'ai pnn f]w:n.r nl\pn nl'mn

uwlu BEEENAR R

béng phép chia la duge. ‘
Vi dy : Biét da thie 2x% — 3x% - 16x +21 6 mdt nghiém
x = 3. Hay viét da thite dusi dang (x —3)(ax® + bx + ¢).
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I hue hien:

1000 (=] & (2] [ (3 (=) (3] [ang (23 (=) (1] (6] [ang) [(F)
(2] ) @ [ang) (=) (3] (&) 210021993

Lay 993 — 1000 = —7.

Vay 2x3=3x2-16x+21 = (x-3)(2x* +3x—-7)

Day 13 mét sang kién cia hoc sinh trong qua trinh str dung MTCT.
Tuy nhién v61 may tinh CASIO FX 570VN Plus, v6i tinh nang luu
nghiém, ta co thé thue hién nhwr sau:

Moo (5] (4] (2J E @B EE@ Ul e] E 2] W] =)
May tinh s& xuét ra mot nghiém nguyén la 3 va hai nghiém thap phan.
Luu hai nghiém thap phan vao [Alva (B] Khi do:

e i o s
ZXT —oX —1bX+ 2l =2(X—3)]( X —A+DB)XT+AD)
=2u—3)(12+§x—z‘
g
T
X —3j2X 13X i}

Liru ¥ V& hai vi r]n r'L_é cm

ou

ban khong muén thir di thi la

S T I T SRR R
e Ltnuc nien nnu sau.

@ Nhép biéu thirc 1én man hinh trong mét cip ddu déng mo
ngodc don.

Q) W@ E @D @D (ST0) ([Sn (D)
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B @DE ) @ 610 @ @
4) EDE @A FE (STO) Eo ()

dé dua con (ro 1én va bam lién hoan @ (swFT) PEDO
[ e BN ay=— B o [ — |

lﬂjutm')wwwuu BuFr) (BCL (STO) [y

(C) dé thuc hién viéc tinh dao ham cia ham s6 tai x = 0.

ﬂr_lr]l_]rlﬁf_n_ll—lr_l Gur (ReD (STO) o)

A e ) e T b e et

D) EELDEL0EEE B &S @ @A

Két qua: Ax®+Bx*+Cx+d

Céch thirc nay thuc hién nh u bude va lau hon sang kién 1 tuy khong
T e me khéne can phai thi T Tatua .
tuu FIOF D0 nnu—:u, uuuug Ul 5 Ldll Plldl L u

an toan cao.

Vidu: 3x2+9x)(12x-6)— (2x-9)%9x% +2)
néu dung “ 1000 ta thuc hién nhu sau:

)00
MEXEFHEXOMOHREX EHE

(= J 2] (X] (=] e] U] =2 [J (9] (X] (&7 4] (2]
1000 (=) 305/371/017|838

==

Néu chon P(x) =305x% +371x% + 17x + 838
thir lai thdy sai. LAy 838 — 1000 = —162,
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néu chon P(x) = 305x% +371x% + 18x — 162
thir lai van thay sai. Lay 371 — 1000 = —629,
néu chon P(x) = 306x> —629x% + 18x — 162
thir lai thiy ding.

Viy P(x) = 306x3 — 629x% + 18x — 162

Nhu cac ban thay, moi 1an thay sal ta déu phal diéu chinh “trir 1000”.

\‘fnn dé 13 14v <8 nao “trir 1000”7 van mango vénu td mav nii 'Tnv rnhion

Liad fase 2l ale ¥ O L1l LR L A Yuis daadaiie, ¥ wid L3S aaids ¥ oLwid. FEERELaw

nhie di noi o trén, voi qui mé ctia mot bai thi Dai hoc, phirong phap
ctia HS Tran Ngoc Anh Phwong la gidi phdp tot nhit.

Cach khac:

e (323 +9x]{12x 6) — (2x — 9)2(9x% + 2) 1én man hinh
dAu déne md neo A anhin @

2y
L uw 115 JJLU 115\_)0.\., L,I.UJ.I var J_J.

[cad) (0] (=) -162 (STO)D)
(i) (0 (=) -467 (STO)(F)
() [@) (1] (=) -1115 (STO)(E)

11

w1 F ‘II'

@@ () {stiFTj [DEL) (sHIFT] (/=
(STO)(C)

B #H 6 ®E[=) O () -629 (STOXB)
(=) @ (=) @ (=] B [Z)306 (STO)(A)

1 i e P sty S e, SN geree A gmms, 0

(@@ @ ([0] =18

Vay P(x) = 306x> — 629x% + 18x — 162.
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